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Abstract The phonon spectra in zinc blende InAs, GaAs
and their ternary alloy nanowires (NWs) are computed using
an enhanced valence force field (EVFF) model. The physi-
cal and thermal properties of these nanowires such as sound
velocity, elastic constants, specific heat (Cv), phonon den-
sity of states, phonon modes, and the ballistic thermal con-
ductance are explored. The calculated transverse and longi-
tudinal sound velocities in these NWs are ∼25% and 20%
smaller compared to the bulk velocities, respectively. The
Cv for NWs are about twice as large as the bulk values due
to higher surface to volume ratio (SVR) and strong phonon
confinement in the nanostructures. The temperature depen-
dent Cv for InAs and GaAs nanowires show a cross-over
at 180°K due to higher phonon density in InAs nanowires
at lower temperatures. With the phonon spectra and Lan-
dauer’s model the ballistic thermal conductance is reported
for these III–V NWs. The results in this work demonstrate
the potential to engineer the thermal behavior of III–V NWs.

Keywords Phonon dispersion relation · Indium gallium
arsenide · Nanowire · Specific heat · Thermal conductance

1 Introduction

Low dimensional devices especially nanowires received
considerable attention due to their potential applications in
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different areas such as nano-electronics and thermoelectric-
ity in the past few years [1, 2]. For many of these appli-
cations, thermal properties of nanowires are crucial, both
for fundamental understanding of the underlying physics
and for the prediction and design in thermoelectric appli-
cations. Two different examples illustrate the importance
of nanostructure thermal properties: (i) usage of nanowires
as heat sinks, where a high thermal conductivity is neces-
sary; (ii) thermoelectric applications such as thermoelectric
power generators and coolers [3], where a low thermal con-
ductivity, large Seebeck coefficient and figure of merit (ZT)
are required. Measuring thermal properties of semiconduc-
tor nanowires on very small-scale devices is a difficult task.
This is the main reason for the lack of experimental informa-
tion on the thermal properties of semiconductor nanowires.
Also, most of the measurements have been performed on
pure Si and Si/SiGe superlattice nanowires [4, 5]. Recently,
some measurements have been reported for InAs nanowires
[6, 7]. Also, most theoretical research about phonon spec-
tra and thermal-properties calculations for nanowires are
done for Silicon nanowires [4, 8, 9]. A few studies are re-
ported in the III–V material system conducted by molecular
dynamics [10, 11]. To compute the thermal properties of
materials, the first step is to calculate the phonon disper-
sion relation. The literature already documents a variety of
methods for the calculation of the phonon spectrum, such
as the Valence Force Field (VFF) method and its variants
[8, 12–15], and ab initio based methods [16, 17]. Some of
them agree very well with experimentally reported values
[8, 15, 17]. In this paper, the enhanced VFF (EVFF) model,
which is outlined in [15] is used. The main reasons for us-
ing the EVFF model are, (a) it matches very well in crys-
tals, like Si, Ge, and GaAs, where simple VFF potentials
are sufficient to match the experimental data [4, 15], and
(c) compared to ab initio methods, it is less computational
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intensive and enables the atomistic analysis of ultra-scaled
structures which are made of a few hundreds/thousands of
atoms. The EVFF model [15] is used to compute phonon
dispersion relations of zinc blende InXGa1−XAs for arbi-
trary X = 0,0.2,0.4,0.6,0.8 and 1. Using the phonon dis-
persion relation, we compute longitudinal and transversal
sound velocities (Vsnd ), temperature dependent specific heat
(Cv), phonon density of states and ballistic lattice thermal
conductance (κl). A nanowire with a square cross-section
with 6a0 × 6a0—a0 is the lattice constant along wire di-
rection (i.e. 〈100〉)—is assumed. This cross-sectional area
varies in size slightly due to the alloy composition depen-
dence of a0 from 3.39 nm to 3.64 nm. The EVFF model’s
parameter sets for ternary alloys are calculated by using
the virtual crystal approximation (VCA). In VCA approach
the disorderd InXGa1−XAs alloy would be replaced by an
orderd ZAs binary compound. Z is a “pseudoatom” with
weighted average properties of Ga and In based on their
contribution to the ternary compound [18]. The contents of
this paper are organized as follows. In Sect. 2, the EVFF is
described briefly along with methods for calculating other
thermal properties. In Sect. 3, the computed results are pre-
sented with a discussion about them. At the end, in Sect. 4
paper will be concluded.

2 Calculation theory

In this section, the calculation theory is explained briefly.
In next sub-section the enhanced Valance Force Field model
is introduced briefly. The methodology of the computation
for other thermal properties of the lattice is explained in
Sect. 2.2. At the end of this section the Landauer model for
computing ballistic thermal conductance [19] is explained.

2.1 Enhanced valance force field model

The enhanced VFF [15] is a variant of VFF model, which
is a force constant based atomic potential (U ) calculation
approach. The simplest and most widely used approach of
the VFF model is due to Keating [14], together with anhar-
monic corrections [20], has been shown to provide reason-
able agreement with the experiment when it comes to the
modeling of electronic states in strained nanostructures [21].
Yet, it is well known that it fails to reproduce basic bulk
properties of zinc blende crystals [15].

The enhanced VFF model is similar to the model by Kane
[22], but includes stretch-bend and third-order stretching
nearest-neighbor terms instead of a second-nearest neigh-
bor stretch term. This model has 5 different types of force
constants, which represent the various kinds of interaction
between the atoms. These force constants are as follows,

(a) bond-stretching (α), (b) bond-bending (β), (c) stretch-
bend interactions (γ ), (d) cross-stretch interactions (δ) and
(e) co-planar bond-bend interactions (λ). The first two
terms are from the original Keating model [8, 14], which
are not sufficient to reproduce the bulk phonon disper-
sion accurately in zinc blende semiconductors [15]. Hence,
higher order interactions are included in the original Keating
VFF model. The motion of atoms in the semiconductor
structure is captured by a dynamical matrix (DM). The DM
is assembled using the second derivative (Hessian) of the
crystal potential energy (U ). The bulk DM has periodic
boundary conditions along all directions (Born-von Karman
condition) due to the assumed infinite material extent in
all directions. For suspended 〈100〉 NWs, periodic bound-
ary conditions are applied only along the length of the wire
(X-axis) assuming an infinitely long wire, whereas the sur-
face atoms (Y –Z axis) are free to vibrate [8].

2.2 Lattice property calculations

Other properties can be extracted from the phonon spectrum
of solids. The descriptions of the several important ones are
described below:

2.2.1 Sound velocity

The sound velocity in the solid is an important crystal pa-
rameter. The sound velocity (Vsnd ) is the group velocity
(Vgrp) of the acoustical branches near the center of Brillouin
Zone (BZ) (for q → 0). According to the acoustic modes
used for the calculation of Vgrp , the sound velocity can be ei-
ther (a) longitudinal (Vsnd,l) or (b) transverse (Vsnd,t ). Then,
Vsnd in a material is given by:

Vsnd = ∂ω(q)

∂q

∣
∣
∣
∣
q→0

(1)

where, q is wave vector and ω(q) is the frequency of the
acoustical branch at q .

2.2.2 Specific heat

In a semiconductor structures with two ends are maintained
under a small temperature difference, its specific heat (Cv)
can be evaluated from the phonon dispersion by [8, 9]:

Cv(T ) = kB

∑

n,q

[
(

�ω(n,q)
kBT

)2 exp(
−�ω(n,q)

kBT
)

1 − exp(
−�ω(n,q)

kBT
)2

]

, (2)

where kB , �, T , n and q are Boltzmann’s constant, reduced
Planck’s constant, mean temperature, number of sub-bands,
and phonon wave vector respectively.
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2.2.3 Thermal conductance

The temperature dependent lattice thermal conductance (κl)
in low temperature difference on the contacts can be evalu-
ated from the phonon dispersion using the Landauer’s for-
mula for a nanowire conductor by [3, 17, 20, 23]:

κl = �

∫ ωmax

0
T (ω)M(ω)ω

× ∂

∂T

[(

exp

(
�ω

kBT

)

− 1

)−1]

dω (3)

where, T (ω) is the transmission of a phonon mode at a given
frequency ω M(ω) equals the number of phonon sub-bands
at frequency ω. At the low temperature limit, it can be ap-
proximated T (ω) ≈ 4 × T (0), since there are four acoustic
modes at �ω → 0, as we will explain in the next section
in connection with the discussion about the dispersion rela-
tion [17, 24]. In the next section, the results on phonon dis-
persion and the lattice thermal properties for InGaAs alloy
〈100〉 NWs is presented.

3 Results and discussion

3.1 Nanowire structure and parameter set

The structure of nanowires we model is shown in Fig. 1. The
EVFF parameter sets (force constants) for InAs and GaAs

Fig. 1 Above is the structure of square cross-section nanowire with-
out relaxation. The nanowire is confined along Y and Z direction and
periodic along X direction. Cross sections view of ∼3 × 3 nm2 cross
section area wires with orientations 〈100〉. The wire is always oriented
along the X-axis

are listed in Table 1. To find these parameters, the output
of the EVFF model is fitted to experimental or ab initio re-
ported values. A parallel genetic algorithm was used as an
optimization approach to reduce the distance between theo-
retical model’s output and experimental values. The param-
eterization process is explained in detail in [25]. For target
values the experimental and ab initio based reported phonon
dispersion relation are used [25, 26]. The achieved phonon
spectrum, sound velocities and elastic constants from these
parameter sets are in very good agreement with experimen-
tal values. The phonon dispersion relation for bulk GaAs is
shown in Fig. 2.

3.2 Phonon dispersion relation

The phonon dispersion relation of suspended 〈100〉 In-
GaAs alloy NWs is calculated where the surface atoms
were able to vibrate freely. The cross-section size for the
nanowire was assumed 6a0 × 6a0, a0 being the lattice con-
stant along the wire—which varies from 3.39 × 3.39 nm2

in GaAs to 3.64 × 3.64 nm2 in InAs. The dispersion rela-
tions for all 6 different alloys are depicted in Fig. 3. For
each nanowire there are 3N sub-bands, with N being the
number of atoms in the unit cell. The unit cell is the same
as the first slab of the wire along the wire (1 × 6 × 6). In
InGaAs with 6a0 × 6a0 cross section N = 288. Just as in
Silicon NWs [8, 28] at low energies, there are four acous-
tic branches, i.e., one dilatational mode and one torsional
mode with linear dispersions, and two flexural ones with
quadratic spectra. The many, relatively flat sub-bands start-
ing right above the four acoustic branches originate from
the zone-folding of the bulk acoustic branches along the
nanowire axis. Many of these flat sub-bands have group ve-
locity close to zero which is a sign for strong phonon con-
finement in the wire. These phonon dispersions are calcu-
lated by NEMO5 [29].

3.3 Thermal properties

3.3.1 Sound velocity

In this sub-section, the sound velocity (Vsnd ) in the nanowire
is computed and compared with bulk to see the difference in
vibrational modes. Vsnd is obtained from the slope of third
and fourth branches (transverse and longitudinal) around
q ≈ 0 from the phonon dispersion. As it is shown in Fig. 4,

Table 1 The parameter sets for
InAs and GaAs EVFF model.
X could be Ga or As

Param α β(X) β(As) γ (X) γ (As) δ(X) δ(As) ν

GaAs 42.5 7.8 0.01 10.52 −19.98 8.93 −10.55 4.99

InAs 35.03 −0.27 4.13 9.34 −6.24 19.78 −18.49 3.92
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Fig. 2 Phonon spectrum of
GaAs (left) and InAs (right) in
bulk are depicted. The cross
points are experimental values
from [26, 27] and the solid lines
are EVFF’s output with listed
parameters in Table 1

Fig. 3 Low energy branches of
phonon band structure for
different alloys of InGaAs. The
phonon wave vectors, q , are all
in the nanowire periodic
direction which is 〈100〉

Fig. 4 Longitudinal (Vl ) and transversal (Vt ) Sound Velocity in 〈100〉
InGaAs alloy NWs with freely vibrating transverse boundaries. As a
reference the bulk longitudinal and transversal sound velocities are
shown along the 〈100〉 direction [30]

Vsnd shows a reduction of about 25% in longitudinal and
20% in transversal modes for NW with respect to bulk In-
GaAs alloys. The reduced sound velocity in NWs is ex-
pected due to acoustical mode softening [28]. This reduc-
tion happens since the acoustical bands get flatter in thin
nanowires due to phonon confinement. The flattening in
acoustical modes also affects other thermal properties be-
cause these branches are mainly responsible for the thermal
transport. Due to the reduction in sound velocity we can ex-
pect a smaller thermal conductance.

3.3.2 Specific heat

The specific heat at 300°K of InGaAs nanowires and bulk
are show in Fig. 5(left). The specific heat for InGaAs wires
are about twice higher than the bulk solids. The main reason
for this could be the higher surface to volume ratio (SVR).
The other important factor is phonon confinement in small
nano-structures [8]. The variation of specific heat (Cv) over
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Fig. 5 (Left) Variation of the
specific heat (Cv) at 300°K in
InGaAs alloy nanowires with
fraction of In and Ga. As a
reference the specific heat for
bulk InGaAs [28] is shown by a
black line with holes. NWs have
larger Cv than bulk due to larger
surface to volume ratio. (Right)
the variation of specific heat
over temperature for different
InGaAs alloy 〈100〉NW. These
bands cross at temperature
180°K. It is due to different
phonon density of states in
lower energy points

Fig. 6 (Left) The PDOS for InAs and GaAs nanowires are shown. At
lower energy the PDOS of InAs is higher than GaAs but in higher ener-
gies there is not PDOS for InAs. (Right) The decay factor for two dif-
ferent temperatures, 100°K and 300°K, shows the higher PDOS does

not have the chance to contribute to the specific heat. Thus, the Cv for
InAs in lower energy is higher than GaAs. But at elevated temperatures
the GaAs has a higher Cv due to a larger PDOS at higher energy. This
causes the crossing point in specific heat branches (Fig. 5)

temperature is shown in Fig. 5(right). There is a crossing
point in about 180°K where the specific heat of GaAs ex-
ceeds that of InAs. InAs has higher Cv at lower tempera-
tures due to a higher phonon density of states (PDOS). The
phonon spectra at low energy show that the InAs curvatures
are smaller than those of GaAs, giving a larger PDOS, and
suggesting a larger Cv for InAs at lower temperature. There
is a direct relation between Cv and PDOS:

Cv(T ) ∝ PDOS(ω)

[

exp(−�ω
kBT

)

1 − exp(−�ω
kBT

)2

]

(4)

where we call the coefficient of PDOS decay factor which
is the whole—factor after PDOS in the equation. This decay
factor and PDOS are depicted in Fig. 6. It is clear in Fig. 6
that the higher phonon states cannot contribute to the spe-
cific heat due to the exponential decay factor. Those are the
only phonon states contributing to Cv at low temperature
where InAs has more states per energy than GaAs. It then

follows (strongly since the VCA is used) that if InAs and
GaAs specific heat curves cross at T = 180°K, all the in-
termediate alloys must do so at 180°K as well. The phonon
density of state and decay factor plot in 100°K and 300°K in
Fig. 6 support this claim. The PDOS at a higher energy can-
not be occupied in low temperature (e.g., 100°K) but they
can contribute in higher temperature (300°K). GaAs has
lower PDOS at low energy but higher PDOS at higher en-
ergy with respect to InAs which makes its specific heat more
than InAs at elevated temperatures. The InGaAs nanowire
specific heats are larger than the bulk values at 300°K, which
might lead to some confusion with regards to the DuLong-
Petit law. The DuLong-Petit law applies only when the
temperature is far above the Debye temperature (T � Tθ ).
Here Tθ ∼ 360°K (GaAs) [31] or 260°K (InAs) [32] so that
for these alloy nanowires 0.8 < T/Tθ < 1.2, and clearly
DuLong-Petit does not apply.
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Fig. 7 (Left) Temperature
dependence of ballistic thermal
conductance (κl ) in variant
InGaAs alloy nanowires. GaAs
shows the highest thermal
conductance and InAs the
lowest which is related to higher
PDOS and respectively higher
number of modes for GaAs.
(Right) Number of modes for
GaAs and InAs nanowire is
shown. M(ω) for GaAs is more
spreaded than InAs and covers
more area which increases the
thermal conductance for GaAs
in respect to InAs

3.3.3 Landauer ballistic thermal conductance (κl)

To calculate the ballistic thermal conductance (κl) the num-
ber of modes (M(ω)) should be computed first (see (3)). In
these very thin wires surfaces are assumed to be smooth
which means there is no surface roughness/scattering, and
also the surface structure is incorporated in the phonon
modes. In the ideal ballistic limit, all phonon modes prop-
agate through the nanowire with a transmission probability
of one. The number of modes is calculated and depicted in
Fig. 7(right). Then, the temperature dependent ballistic ther-
mal conductance (κl) has been calculated and is shown in
Fig. 7(left). The ballistic κl increases with temperature. This
behavior is due to the increase of the Bose-Einstein distribu-
tion at elevated temperatures. In this work we do not con-
sider any kind of scattering (surface roughness, impurity,
electron-phonon, and phonon-phonon). Thus, these results
represent an ideal upper limit for the ballistic thermal con-
ductance. Consequently, κl is expected to decrease further in
smaller nanowires due to scattering mechanisms and bound-
aries which are neglected in the present study.

4 Conclusion

The phonon modes of free-standing InXGa1−XAs alloy
〈100〉 nanowires are computed based on an enhanced
valance force field phonon model. Using calculated phonon
spectrum, transversal and longitudinal sound velocities are
derived. The sound velocities in InGaAs 〈100〉 wires are
20–25% lower than bulk which is due to flattening of the
acoustical branches and phonon confinement in nanowires.
Moreover, one finds that specific heat of InGaAs alloy wires
increases by elevating the temperature. At low temperatures
the InAs wires have a higher specific heat than the GaAs
wires. These calculations predict that there will be a cross-
over around 180°K where the GaAs wires have a higher

specific heat compared to the InAs nanowires. The specific
heat at 300°K in wires is about twice higher than bulk which
is the effect of increase in surface to volume ratio. The sur-
face to volume ratio is an important factor in miniaturiza-
tion of electronic and thermoelectric devices. At the end,
the ballistic thermal conductance was calculated to find out
the upper limit for the thermal conductance in InGaAs al-
loy 〈100〉 nanowires. The reported results could be used in
nano-electronic and thermoelectric device design.
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