
Dear Members of the Faculty Search Committee, 

I am writing to apply for the tenure-track position of Assistant Professor in Civil Engineering at Purdue University. 

I am broadly interested in applying the physics of multiphase flow in porous media and graph neural network to 

resolve Earth science problems including geological carbon sequestration, hydraulic fracturing, and methane 

hydrates. I am also interested in the physics of the cryosphere, with a current focus on the hydrology of ice sheets 

and ice-ocean interactions. I completed my Ph.D. in Civil and Environmental Engineering at the Massachusetts 

Institute of Technology under the supervision of Dr. Ruben Juanes. I am currently a postdoctoral scholar in 

Department of Geophysics at Stanford University under the supervision of Dr. Ching-Yao Lai. Prior to graduate 

school I received an undergraduate degree in Civil and Environmental Engineering from the University of Hong 

Kong. 

My research lies at the intersection of fundamental fluid and solid mechanics, granular physics, geoscience, and 

more recently machine learning. I strive to bridge pore/grain-scale physics to observations on Earth’s surface 

processes. My PhD research in MIT focused on fluid-induced deformation and fracture of granular media, and 

uncovering the underpinning grain-scale mechanics via computational (discrete element modeling, DEM), 

experimental (photoporomechanics), and theoretical (poromechanics) methods. During my PhD I published papers 

in Physical Review Research, Physical Review Applied, and Soft Matter. After the completion of my PhD, I decided 

to use my expertise in mechanics to address key questions in climate change. I have been a postdoctoral scholar 

with Dr. Ching-Yao Lai at Princeton University and Stanford University. Motivated by recent observations from 

remote sensing, I have developed models and parameterizations for englacial hydrology and ice mélange buttressing 

against calving. I have a first-author paper under review and another one in preparation. I will present our findings 

in my talk “Thickness of Pro-glacial Mélange Impacts Calving Dynamics of Greenland Glaciers ” at AGU 

(December 2023). 

My research vision focuses on bridging multiphase flow, granular mechanics, and remote sensing of the cryosphere 

for a sustainable future. Research in my group will combine experiments, analytical and computational modeling, 

and deep learning to solve large-scale Earth science problems in the areas of energy and the environment, including 

geological carbon sequestration, ice hydrofracturing and ice-ocean interactions. I will continue to tackle poorly 

understood climate processes with engineering expertise, such as seasonal variations in mélange buttressing force 

and its impacts on calving dynamics of tidewater glaciers. I will also investigate how to integrate deep learning with 

discrete element modeling to simulate complex physics, which sheds light on understanding floating granular 

materials on Earth, including logjams, sea ice, and volcanic pumice. The advantage of the graph network simulator 

over discrete element modeling lies in its differentiable nature, which allows for gradient-based optimization and 

thus solving inverse problems. Applications range from infrastructure design for flood control to particle size/shape 

design for efficient sediment transport. Lastly, I will build parameterizations of porous media in glaciology. This 

advances our understanding of how much and how quickly surface meltwater can be transported through the 

supraglacial and englacial hydrologic systems and how those systems are evolving with time, which is critical for 

assessing current and future sea level contributions from the Greenland Ice Sheet. 

 

Your department’s vibrant engineering and sciences community makes it a particularly compelling home to achieve 

my research vision and train the next generation of scientists. The department includes a unique mix of experts 

working on areas such as hydraulic engineering, environmental sustainability, and data-driven approaches. I would 

be excited to be part of the diverse environment and collaborate with faculty members. 

Thank you for your consideration. I look forward to hearing from you. 

Sincerely,  

Yue (Olivia) Meng 

Postdoctoral Scholar, Department of Geophysics, Stanford University 
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Yue (Olivia) Meng 

397 Panama Mall, Mitchell Building                                                                        olivmeng@stanford.edu  

Stanford, CA 94305  (609) 255-6542 

 

EDUCATION 
 

 

2022 Massachusetts Institute of Technology, Boston, Massachusetts 

Ph.D. Civil and Environmental Engineering 

Advisor: Ruben Juanes 

Thesis: Photoporomechanics: A New Technique to Explore Grain-scale Mechanisms for Fluid-

driven Fractures in Granular Media 

2020 Massachusetts Institute of Technology, Boston, Massachusetts 

Master of Science in Civil and Environmental Engineering 

Advisor: Ruben Juanes 

Thesis: Jamming Transition and Emergence of Fracturing in Wet Granular Media 

2018 The University of Hong Kong, Hong Kong 

Bachelor of Engineering, Civil and Environmental Engineering 

Minor in Engineering in Computer Science 

Advisor: Fiona Kwok 

Thesis: Discrete Element Modeling of the Formation of Arch Network in Granular Media 

During Shearing Process 

 

PROFESSIONAL EXPERIENCE 
 

 

2023 – present Stanford Icy Physics Group, Department of Geophysics, Stanford University 

Postdoctoral Scholar, Advisor: Dr. Ching-Yao Lai 

• Coupling remote sensing with physics-based models to quantify the ice mélange 

buttressing against calving 

• Combining discrete element model with graph neural network to simulate complex 

physics in ice mélange  

2022 – 2023      The Lai Research Group, Department of Geosciences, Princeton University 

Postdoctoral Research Associate, Advisor: Dr. Ching-Yao Lai 

• Poromechanical modeling on the vulnerability of firn to hydrofracture in Greenland 

2018 – 2022 Subsurface Energy and Mechanics Lab, Massachusetts Institute of Technology 

PhD Student, Advisor: Dr. Ruben Juanes 

• Experimental study on fracturing in wet granular media using photoporomechanics 

• Discrete element modeling on multi-phase flow and granular mechanics: wettability 

control on hydraulic fracturing patterns  

2015 – 2018      Department of Civil and Environmental Engineering, The University of Hong Kong 

Undergraduate Research Assistant, Advisor: Dr. Fiona Kwok 

• Experimental investigations on mechanical properties of sand-rubber mixture 

• Discrete element modeling of the formation of arch network in granular media during 

shearing process  

 

AWARDS 
 

 
2018 Hui Ying Hin Fellowship, University of Hong Kong 

2018 Wing Lung Bank Ltd. Prize in Civil Engineering in Hong Kong 

2018 Centenary Scholarships for Civil Engineering Students, University of Hong Kong 

2017 Gammon Construction Limited Prize in Civil Engineering 
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2016 Chan Hon Chuen Scholarship, University of Hong Kong 

 

JOURNAL PUBLICATIONS 
 

    

   In Preparation 

    

   Meng, Y., Lai, C. Y., Culberg, R., Shahin, M., Stearns, L., Burton, J., & Nissanka K. Thickness of Pro-  

   glacial Mélange Impacts Calving Dynamics of Greenland Glaciers.  

    

   Under Review 

 

   Meng, Y., Culberg, R., & Lai, C. Y. Vulnerability of Firn to Hydrofracture: Poromechanics Modeling.     

   https://eartharxiv.org/repository/view/5149/ 

 

   Peer Reviewed Articles 

    

   Meng, Y., Li, W., & Juanes, R. (2023). Crossover from Viscous Fingering to Fracturing in Cohesive Wet   

   Granular Media: A Photoporomechanics Study. Soft Matter, (accepted). 10.1039/D3SM00897E 

 

   Guével, A., Meng, Y., Peco, C., Juanes, R., & Dolbow, J. E. (2023). A Darcy-Cahn-Hilliard Model of  

   Multiphase Fluid-driven Fracture. Journal of the Mechanics and Physics of Solids, (accepted).                                    

   10.1016/j.jmps.2023.105427 

 

   Meng, Y., Li, W., & Juanes, R. (2022). Fracturing in Wet Granular Media Illuminated by            

   Photoporomechanics. Physical Review Applied, 18(6),064081. * Editor’s Suggestion.    

   10.1103/PhysRevApplied.18.064081 

 

   Li, W., Meng, Y., Primkulov, B. K., & Juanes, R. (2021). Photoporomechanics: An Experimental Method 

   to Visualize the Effective Stress Field in Fluid-filled Granular Media. Physical Review Applied, 16(2),  

   024043. 10.1103/PhysRevApplied.16.024043 

 

   Meng, Y., Primkulov, B. K., Yang, Z., Kwok, C. Y., & Juanes, R. (2020). Jamming Transition and  

   Emergence of Fracturing in Wet Granular Media. Physical Review Research, 2(2), 022012. 

   10.1103/PhysRevResearch.2.022012 

 

   Juanes, R., Meng, Y., & Primkulov, B. K. (2020). Multiphase Flow and Granular Mechanics. Physical  

   Review Fluids, 5(11), 110516. 10.1103/PhysRevFluids.5.110516 

 

   Meng, Y., Zhu, H., Kwok, C. Y., Kuo, M., Jing, L., & Huang, X. (2018). Effect of Coefficient of Friction  

   on Arch Network in Shearing Process under Low Confinement. Powder technology, 335, 1-10.  

   10.1016/j.powtec.2018.05.002 

 
 

INVITED TALKS 
 

 
2023 “Photoporomechanics: A new technique to explore grain-scale mechanisms for fluid-driven 

fractures in granular media”, Department of Civil Engineering, McMaster University, Canada. 

2023 “Photoporomechanics: A new technique to explore grain-scale mechanisms for fluid-driven 
fractures in granular media”, American Rock Mechanics Association Future Leader Webinar 
Series. 

2022 
 

“Fracturing in wet granular media illuminated by photoporomechanics”, Solid Earth Brown Bag,   
Department of Geosciences, Princeton University. 

https://eartharxiv.org/repository/view/5149/
https://doi.org/10.1039/D3SM00897E
https://doi.org/10.1016/j.jmps.2023.105427
https://journals.aps.org/prapplied/abstract/10.1103/PhysRevApplied.18.064081
https://doi.org/10.1103/PhysRevApplied.16.024043
https://doi.org/10.1103/PhysRevResearch.2.022012
https://doi.org/10.1103/PhysRevFluids.5.110516
https://doi.org/10.1016/j.powtec.2018.05.002
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2021      “Jamming transition and emergence of fracturing in wet granular media”, Earth Resources 
Laboratory Annual Founding Members Meeting, Massachusetts Institute of Technology. 

2019   “DEM modeling of coupled multiphase flow and granular mechanics: Wettability control on   

   fracture patterns”, Society of Petrophysicists and Well Log Analysts Meeting. 

2019    “DEM modeling of coupled multiphase flow and granular mechanics: Wettability control on 
fracture patterns”, Earth Resources Laboratory Annual Founding Members Meeting, Massachusetts 
Institute of Technology.  
 

MENTORING EXPERIENCE 
 

 

Fall      2023     Judy Liu (Undergraduate Student in Dr. Ching-Yao Lai Group, Stanford University) 

Spring  2023    Hugh Shields (Undergraduate Student in Dr. Ching-Yao Lai Group, Princeton University) 

2022 – 2023     David Dai & Feihu Ke (PhD Students in Dr. Fiona Kwok Group, University of Hong Kong)  

 

PROFESSIONAL ACTIVITIES 
 

 

2018 – present Member, American Physical Society 

2018 – present Member, American Geophysical Union 

 

Reviewer: International Journal for Numerical and Analytical Methods in Geomechanics, SPE Journal 

 

   CONFERENCE PARTICIPATIONS 
 

 

   Meng, Y., Lai, C. Y., Culberg, R., Shahin, M., Stearns, L., Burton, J., & Nissanka K, Thickness of Pro-  

   glacial Mélange Impacts Calving Dynamics of Greenland Glaciers, AGU Fall Meeting, 2023. 

 

   Nissanka, K., Burton, J. C., Amundson, J. M., Robel, A., Lai, C. Y., & Meng, Y., Experimental-informed  

   Ice Mélange Rheology and Buttressing During Quasistatic Flow, AGU Fall Meeting, 2023. 

 

   Meng, Y., Culberg, R., Shahin, M., Stearns, L., Burton, J., Nissanka K, & Lai, C. Y., Thickness of Pro-  

   glacial Mélange Impacts Calving Dynamics of Greenland Glaciers, APS DFD Meeting, 2023. 

 

   Meng, Y., Culberg, R., & Lai, C. Y., Vulnerability of Firn to Hydrofracture, Part I: Poromechanical  

   Modeling, EGU General Assembly, 2023. 

 

   Culberg, R., Meng, Y., & Lai, C. Y., Vulnerability of Firn to Hydrofracture, Part II: Greenland’s Ice Slab  

   Regions, EGU General Assembly, 2023. 

 

   Meng, Y., Culberg, R., & Lai, C. Y., Vulnerability of Firn to Hydrofracture, Part I: Poromechanical  

   Modeling, Future of Greenland Ice Sheet Science Workshop, 2023. 

 

   Culberg, R., Meng, Y., & Lai, C. Y., Vulnerability of Firn to Hydrofracture, Part II: Greenland’s Ice Slab  

   Regions, Future of Greenland Ice Sheet Science Workshop, 2023. 

 

   Meng, Y., Li, W., & Juanes, R., Photo-poroelastic Imaging of Fracturing in Wet Granular Media, AGU Fall  

   Meeting, 2021. 

 

   Li, W., Meng, Y., Primkulov, B. K., & Juanes, R., Photo-poromechanics: Visualizing the Evolving Effective  

   Stress in Fluid-filled Granular Media, AGU Fall Meeting, 2021. 

 

   Meng, Y., Primkulov, B. K., Yang, Z., Kwok, C. Y., & Juanes, R., DEM Modeling of Coupled Multiphase  
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   Flow and Granular Mechanics: Wettability Control on Fracture Patterns, Engineering Mechanics Institute  

   Conference, 2019. 

 

   Meng, Y., Primkulov, B. K., Yang, Z., Kwok, C. Y., & Juanes, R., DEM Modeling of Coupled Multiphase  

   Flow and Granular Mechanics: Wettability Control on Fracture Patterns, AGU Fall Meeting, 2019. 

 

   Meng, Y., Primkulov, B. K., Yang, Z., Kwok, C. Y., & Juanes, R., DEM Modeling of Coupled Multiphase  

   Flow and Granular Mechanics: Wettability Control on Fracture Patterns, APS DFD Meeting, 2019. 

 

   Meng, Y., Primkulov, B. K., Yang, Z., Kwok, C. Y., & Juanes, R., DEM Modeling of Coupled Multiphase  

   Flow and Granular Mechanics: Wettability Control on Fracture Patterns, Transport in Disordered  

   Environments Seminars, Princeton Center for Theoretical Science, 2019. 

 

   Meng, Y., Primkulov, B. K., Yang, Z., Kwok, C. Y., & Juanes, R., DEM Modeling of Coupled Multiphase  

   Flow and Granular Mechanics: Wettability Control on Fracture Patterns, AGU Fall Meeting, 2018. 
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Research Statement                                                                                                                                      Yue (Olivia) Meng 

 

I am broadly interested in applying the physics of multiphase flow in porous media to resolve Earth science problems 

including geological carbon sequestration, hydraulic fracturing, and methane hydrates. I am also interested in the physics 

of the cryosphere, with a current focus on the hydrology of ice sheets and ice-ocean interactions. Through interdisciplinary 

lens of porous media flows, granular mechanics, deep learning, and geoscience, I strive to bridge pore/grain-scale physics 

to observations on Earth’s surface processes. 

 

 

 

 

  

 

                                                                                                                                                     

 

 

 

 

 

 

 

 

 
Figure 1: My vision for bridging multiphase flow, granular mechanics, and remote sensing of the cryosphere for a sustainable future. 

Research in my group will combine experiments, analytical and computational modeling, and deep learning to solve large-scale Earth 

science problems in the areas of energy and the environment, including geological carbon sequestration, ice hydrofracturing and ice-

ocean interactions.  

1. Previous Research  
1.1 Hydraulic fracturing and gas migration in sediments (experiment/analytical/numerical modeling) Multiphase 

flow through granular and porous materials exhibits complex behavior, the understanding of which is critical in many 

industrial and natural processes, including energy recovery, gas venting, and geohazards. While fracturing during gas 

invasion in fluid-saturated media has been studied extensively, the underlying grain-scale mechanisms behind the 

morphodynamics and rheologies exhibited by deformable granular media remain poorly understood. My PhD research 

focused on fluid-induced deformation and fracture of granular media, and uncovering the underpinning grain-scale 

mechanics. By means of discrete element modeling (DEM), the grain-scale stress analysis unraveled that a jamming 

transition from fluid-like to solid-like behavior, dictated the morphological transition from cavity expansion to fracturing in 

wet granular media [1, 2] (Fig.1(d)). To experimentally visualize the evolving intergranular stresses, an innovative 

experimental technique, photoporomechanics (Fig.1(a)), was developed, which extended photoelasticity to granular-fluid 

systems [3]. When air was injected into oil-saturated granular pack, there was an effective stress shadow behind the 

propagating fracture tips, where the intergranular stress was low. In the annular region outside the fractured region, the 

granular medium went through a jamming transition. The observed distinct rheology was analyzed by poromechanical 

continuum models for granular media [4, 5], and a phase-field model [6]. 

1.2 Vulnerability of Greenland’s firn layer to hydrofracture (observation/analytical modeling) On the Greenland Ice 

Sheet, hydrofracture connects the supraglacial and subglacial hydrologic systems, coupling surface runoff dynamics and ice 

velocity. Over the last two decades, the growth of low-permeability ice slabs in the firn above the equilibrium line has 

expanded Greenland’s runoff zone, but the vulnerability of these regions to hydrofracture is still poorly understood. 

Observations from Northwest Greenland suggest that when meltwater drains through crevasses in ice slabs, it is stored in 

the underlying relict firn layer and does not reach the ice sheet bed (Fig.1(b)). However, the mechanism limiting ice slab 

hydrofracture is not well understood and current fracture mechanics approaches in glaciology are poorly suited to studying 

this problem, because they assume that ice is an impermeable solid medium. To resolve this gap, I built a two-dimensional 

poroelastic continuum model to study the vulnerability of firn to hydrofracture [7]. The model was applied to Greenland’s 

ice slab regions, using an ensemble of in situ and remote sensing observations to constrain the physical, mechanical, and 

hydraulic parameters. The results show that the maximum stress in the firn layer typically remains compressive, because 

more than 75% of the imposed load is accommodated by a change in pore pressure. Therefore, in Greenland, the relict firn 

layer can be an important stabilizing factor that suppresses surface-to-bed hydrofracture under ice slabs, despite the 

abundance of both surface crevassing and meltwater. 
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2. Current Research Thickness of pro-glacial mélange impacts calving dynamics of Greenland glaciers 
(observation/analytical/numerical modeling) Iceberg calving is a major contributor to Greenland’s ice mass loss. 

Proglacial ice mélange is a collection of sea ice and icebergs that is tightly packed in tidewater glacier fjords and can 

suppress calving by providing resisting stresses called buttressing (Fig.1(c)). Previous observations highlight seasonal 

change of some Greenland glacier termini, which advance quasi-statically in winter, and retreat by calving in summer. 

Finite-element models have indicated that the seasonal calving dynamics are related to buttressing from ice mélange. To 

quantify the mélange buttressing force on the glacier terminus, I developed a continuum theory and a three-dimensional 

discrete element model that reveals the scaling between the buttressing force and the mélange thickness (Fig.1(f)). The 

results show that to provide effective buttressing, the average mélange thickness at the terminus must be larger than 145 

meters. The thickness threshold has been validated by remote sensing data, including ICESat-2 and a terrestrial laser scanner. 

After scanning through ArcticDEM data in the past ten years across 40 Greenland glacier termini, it is found that in summer, 

most mélanges are too thin to suppress calving activities [8].  

3. Future Research 
3.1 Bridging pore/grain-scale physics to observations on Earth’s surface processes Earth’s surface is composed of a 

diversity of particulate-fluid mixtures. Pore or grain-scale physics helps to illuminate geophysical processes like landslides, 

gas venting from lake sediments, injection-induced seismicity, carbon sequestration and geophysical flows that shape 

landscapes. However, to model the multi-dynamics of the ground, one key challenge is to link the pore/grain-scale physics 

to field-scale observations. My expertise in visualizing grain-scale processes, discrete element modeling, poromechanics, 

and remote sensing can be well combined to tackle the multiscale challenge. For instance, for hydraulic fractures and gas 

venting processes, it would be important to further advance the understanding of how the force chain evolution observed by 

photoporomechanics or discrete element model is modulated by the medium rigidity, compressibility and hydraulic 

diffusivity. With these pore and grain-scale physics insights, my group will advance continuum models to better explain the 

continental-scale gas migration, trapping and venting dynamics. Another long-term goal is to advance parameterizations of 

porous media in glaciology. Topics that intrigue me include firn/snow percolation and compaction processes, weathering 

crust dynamics, ice sliding over till, and temperate ice. 

3.2 Advancing physics-based models for ice-ocean interactions to better understanding calving dynamics Dynamics 

of tidewater glaciers are of high interest because of their potential for drawing down large areas of the Greenland ice sheet 

through calving. In a warming climate, calving dynamics are sensitive to external forcing, including ice-ocean interactions. 

My previous work indicates that mélange thickness dictates its buttressing force against calving, but it remains unknown 

what factors shape the mélange thickness profile. The discrete element model can be coupled with oceanography to further 

explore how the mélange thickness profile evolves with ice-ocean interactions, including ocean tides, ocean warming, and 

subglacial plume. My long-term goal is to parameterise seasonal mélange back stress across Greenland glacier termini, 

which can then be properly incorporated into ice-sheet models.  

3.3 Tackling multiscale challenges in granular mechanics with graph neural networks (GNN) Recently, a class of 

learned physics simulators based on graph neural networks has been proposed, involving fluids, rigid solids, and deformable 

materials interacting with one another [9]. The graph network represents the state of a physical system with particles, 

expressed as nodes in a graph, and computes dynamics via learned message-passing (Fig.1(e)). Currently, I am leading a 

GNN project collaborating with DeepMind to study the physics of ice mélange. The advantage of the graph network 

simulator over discrete element modeling lies in its differentiable nature, which allows for gradient-based optimization and 

thus solving inverse problems [10]. Applications range from infrastructure design for flood control to particle size/shape 

design for efficient sediment transport. With the capability of parallel computing, GNN also serves as a promising tool to 

tackle multiscale challenges in granular mechanics. In the future, I plan to combine discrete element model and GNN to 

explore behaviors of granular materials on Earth, such as logjams and volcanic pumice. There are other land surface 

processes that benefit from grain-scale modeling, such as marine ice-cliff instabilities, geological fault slips, and break-up 

of sea ice.  

4. Potential Funding Potential funding sources for my energy research include DOE's FES, BES, BER, and NSF's 

CBET programs. My multiscale study on the granular mechanics of ice mélange aligns with the NSF’s OPP and GCR 

programs. My interests on glacier dynamics can be funded by NASA’s Cryospheric Sciences Program, ICESat-2, and 

NESSF, and NOAA Climate Program.       
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Fracturing in Wet Granular Media Illuminated by Photoporomechanics

Yue Meng , Wei Li , and Ruben Juanes *
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 (Received 26 January 2022; revised 24 September 2022; accepted 16 November 2022; published 27 December 2022)

We study fluid-induced deformation and fracture of granular media and apply photoporomechanics to
uncover the underpinning grain-scale mechanics. We fabricate spherical photoelastic particles of 2-mm
diameter to form a monolayer granular pack in a circular Hele-Shaw cell that is initially filled with a
viscous fluid. The key distinct feature of our system is that, with spherical particles, the granular pack
has a connected pore space, thus allowing for pore-pressure diffusion and the study of effective stress in
coupled poromechanical processes. We inject air into the fluid-filled photoelastic granular pack, varying
the initial packing density and confining weight. With our recently developed experimental technique,
photoporomechanics, we find two different modes of fluid invasion: fracturing in fluid-filled elastic media
(with strong photoelastic response) and viscous fingering in frictional fluids (with weak or negligible
photoelastic response). We directly visualize the evolving effective stress field and discover an effective
stress shadow behind the propagating fracture tips, where the granular pack exhibits undrained behavior.
We conceptualize the behavior of the system by means of a mechanistic model for a wedge of the granular
pack bounded by two growing fractures. The model captures the pore-pressure build-up inside the stress
shadow region and the grain compaction in the annular region outside. Our model reveals that a jamming
transition determines the distinct rheological behavior of the wet granular pack, from a friction-dominated
to an elasticity-dominated response.

DOI: 10.1103/PhysRevApplied.18.064081

I. INTRODUCTION

Multiphase flow through granular and porous materials
exhibits complex behavior, the understanding of which is
critical in many natural and industrial processes. Exam-
ples include infiltration of water into the vadose zone
[1], growth and deformation of cells and tissues [2], and
geological carbon dioxide storage [3]. While fluid-fluid
displacement in rigid porous media has been studied in
depth, the understanding of the interplay between multi-
phase flow and granular mechanics remains an ongoing
challenge [4]. In many granular-fluid systems, the pow-
erful coupling among viscous, capillary, and frictional
forces leads to a wide range of patterns, including desic-
cation cracks [5,6], fractures [7–13], labyrinth structures
[14], granular fingers [15–17], corals, and stick-slip bub-
bles [18]. An in-depth study of poromechanics behind
these coupled solid-fluid processes is crucial to under-
standing a wide range of phenomena, including methane
migration in lake sediments [19], shale-gas production
[20], and hillslope infiltration and erosion after forest
fires [21].

While fracturing during gas invasion in fluid-saturated
media has been studied extensively in experiments [7,8,
10–13,16,22] and simulations [9,17,23–29], the underlying

*juanes@mit.edu

grain-scale mechanisms behind the morphodynamics and
rheologies exhibited by deformable granular media remain
poorly understood. To investigate the interplay between
fluid and solid mechanics of granular media, we adopt a
recently developed experimental technique, photoporome-
chanics [30], to directly visualize the evolving effective
stress field in a fluid-filled granular medium during the
fracturing process. The key idea behind our photoporome-
chanics technique is the manufacturing of residual-stress-
free photoelastic particles (such as spheres or icosahedra)
that allow for connectivity of the pore space, so that pore
pressure can diffuse and one fluid can displace another
even without grain motion. In an earlier study of root
growth in photoelastic granular media, Barés et al. [31]
have manufactured cylindrical photoelastic particles with
a groove on the edge to allow for roots to grow between
adjacent grains and propagate deep inside the granular
medium. This disk-with-groove geometry, however, would
likely experience strong adhesion or friction with the walls
of the Hele-Shaw cell and it is a less realistic representa-
tion of granular materials than spherical particles. Given
the importance of frictional forces on the morphologi-
cal regimes of the granular pack [18,22], here we focus
on the impact of confining weight on the fracture pat-
terns. We also adopt packing density as a control variable,
which proves to be key to rheological and morphological
transitions in granular-fluid systems [18,28].
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In this study, we uncover two modes of air inva-
sion under different initial packing densities and confining
weights: fracturing in fluid-filled elastic media and viscous
fingering in frictional fluids. We discover an effective stress
shadow behind the propagating fracture tips, where the
intergranular stress is low and the granular pack exhibits
undrained behavior. In the annular region outside the frac-
tured region, the mechanical response of the granular
medium transitions from friction dominated to elasticity
dominated. To explain the observed distinct rheological
behavior, we propose a mechanistic model for a wedge
between two fractures. Finally, we rationalize the emer-
gence of fracturing across our experiments as a jamming
transition.

II. MATERIALS AND METHODS

Following the fabrication process in Ref. [30], we pro-
duce photoelastic spherical particles with a diameter d =
2 mm (with 3.5% standard deviation) and a volumetric
modulus Kp = 1.6 MPa. We inject air into a monolayer
of photoelastic particles saturated with silicone oil (η =
9.71 Pa s) in a circular Hele-Shaw cell [Fig. 1]. When par-
ticles are immersed in silicone oil, the friction coefficient
between particles is μp = 0.2 ± 0.06 and the friction coef-
ficient between the particle and the glass plate is μw =
0.05 ± 0.02. To observe the photoelastic response of the
particles, we construct a dark-field circular polariscope by
means of a white-light panel together with left and right
circular polarizers [32]. Vertical confinement is supplied
by a weight, W, adding up the weights from a confining
weight, a light panel, a polarizer, and a glass disk that
rests on top of the particles. The free top plate with a
prescribed confining weight is a natural representation of
the conditions that prevail in subsurface processes, where
the vertical confining stress is constant and controlled by
the depth of the geologic stratum. To allow the fluids
(but not the particles) to leave the cell, the disk is made
slightly smaller than the interior of the cell (inner diameter
L = 21.2 cm), resulting in a thin gap around the edge of the
cell. A coaxial needle is inserted at the center of the gran-
ular pack for saturation, fluid injection, and pore-pressure
measurement. We conduct experiments in which we fix the
air injection rate (q = 100 ml/min) and the syringe reser-
voir volume (V0 = 15 ml). We use three linear variable
differential transformers (LVDTs) to monitor the vertical
displacement of the top plate. We adopt a dual-camera
system to record bright-field (camera A) and dark-field
(camera B) videos. For the sample preparation, the initial
packing density (φ0) of the granular pack is controlled by
the total mass of particles (Ms) and is calculated in two
dimensions through image analysis. Before the air injec-
tion, we take a bright-field photo of the granular pack and
create a binary mask with an intensity threshold. We then
calculate the initial two-dimensional (2D) packing density

(φ0) by dividing the number of particle pixels by the total
number of pixels in the circular Hele-Shaw cell. To study
the impact of packing density and frictional force, we vary
φ0 from 0.78 to 0.84 (Ms = 37 to 40 g) and the confining
weight W from 25 N to 85 N. The influence of the confining
weight (W) on φ0 is negligible (< 0.2%).

To gain additional insight into the rheological behavior
of the granular pack, we record the spatiotemporal evolu-
tion of the packing density and effective stress fields from
the experiments. To construct the 2D packing density field,
we create a binary mask, then detect particle positions by
centroid finding in MATLAB and compute the packing den-
sity at each particle position within a sampling radius 3d
[33] by dividing the number of particle pixels by the total
number of pixels within the sampling circle. We then con-
struct the packing density field for all the particles in the
granular pack. To construct the effective stress field, we
retrieve the light intensity of the blue channel from dark-
field images and convert it into the effective stress value.
To obtain the conversion factor between light intensity
and effective stress, we conduct a single-bead calibration
that directly relates light intensity to interparticle force F
[30]. By computing the Cauchy stress tensor for the cali-
brated particle under the diametrical loading condition, we
obtain the expression that relates the interparticle force to
the effective stress, σ ′ = 6F/πd2 [34]. After this conver-
sion, we visualize the time evolution of the effective stress
field from the dark-field images.

III. RESULTS AND DISCUSSION

In Fig. 2, we show the invasion patterns resulting from
air injection for experimental conditions with the same
confining weight (W = 25 N) and two different initial
packing fractions (φ0 = 0.84, 0.78). The invasion patterns
at breakthrough—when the invading fluid first reaches the
outer boundary—indicate two invasion regimes: (I) frac-
turing in fluid-filled elastic media, with strong photoelastic
response [Fig. 2(a)], and (II) viscous fingering in fric-
tional fluids, with weak or negligible photoelastic response
[Fig. 2(b)]. A light intensity I = 0.65 in the blue channel
of the dark-field images is adopted here as the threshold
to differentiate between the two regimes. We analyze the
time evolution of the air-oil interface morphology from
bright-field images and the rheological behavior of the
granular pack from dark-field images (see the videos in
the Supplemental Material [35], corresponding to the con-
ditions in Fig. 2 and see Appendix A for the complete
visual phase diagram for a range of values of φ0 and W).
We compute the ratio between the viscous and capillary
forces in the experiments as the modified capillary num-
ber Ca∗ = ηqR/(γ hd2) [22], where the oil viscosity η =
9.71 Pa s, the injection rate q = 100 ml/min, the cell radius
R = 10.6 cm, the interfacial tension γ = 0.034 N/m, the
cell height h = 2 mm, and the particle diameter d = 2 mm,
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camera A
(bright-field)

camera B
(dark-field)

left-circular polarizer

right-circular polarizer
glass lid

white-light panel
confining weight 

air-injection , 0
pore-pressure sensorcoaxial needle

LVDT

monolayer of particles
at initial packing fraction 0

FIG. 1. The experimental setup: a monolayer of photoelastic particles (diameter d, initial packing density φ0) saturated by silicone
oil is confined in a circular Hele-Shaw cell (internal diameter L). Vertical confinement is supplied by a weight, W, adding up the
weights from a confining weight, a light panel, a polarizer, and a glass disk that rest on top of the particles. The disk is slightly smaller
than the cell to allow the fluids (but not particles) to leave the cell. Air is injected at a fixed flow rate q at the center of the cell with
a coaxial needle, with the injection pressure monitored by a pore-pressure sensor. Three LVDTs are attached to the top of the light
panel, capturing the vertical displacement of the top plate during the fracturing process. A white-light panel and right- and left-circular
polarizers form a dark-field circular polariscope. Bright-field and dark-field videos are captured by cameras placed underneath the cell.

resulting in Ca∗ = 6.3 × 103. Therefore, the effect of cap-
illarity is negligible and viscous effects are dominant in our
experiments.

Regime I: Fracturing in fluid-filled elastic media. When
particles have been densely packed initially, air initially
invades into the granular pack by expanding a small cavity
at the injection port, with the injection pressure Pinj ramp-
ing up during this period [Figs. 3(a) and 3(d) for φ0 =
0.84]. The onset of fracturing in our cohesionless granu-
lar packs is determined by the viscous force from injection
overcoming the frictional resistance between particles in
the granular pack. Before fracturing, the injection pressure
increases and this pressure increase leads to an increased
viscous force and, simultaneously, a decreased interpar-
ticle frictional force from the lifting of the top plate—a
combination that results in the emergence and growth of
fractures. A higher W results in a higher peak pressure
[Fig. 3(a)] and thus the fracture network becomes more
vigorous, with well-developed branches (see Appendix A).
In this regime, the effective stress field exhibits a sur-
prising phenomenon: behind the propagating fracture tips,
an effective stress shadow, where the intergranular stress
is low and the granular pack exhibits undrained behav-
ior, emerges and evolves as fractures propagate [Fig. 2(a),
right].

Regime II: Viscous fingering in frictional fluids. For
granular packs with lower initial packing density (φ0 =
0.78), the rheology of the system is akin to a frictional
fluid [18,28], as evidenced by the weak or negligible pho-
toelastic response at breakthrough [Fig. 2(b), right]. The
high-viscosity defending fluid inhibits the injected air from

infiltrating into pore spaces [16]. The fluid-filled granu-
lar medium effectively behaves like a suspension [36], the
morphology of which is dominated by the Saffman-Taylor
instability [18,37,38].

The temporal evolution of the injection pressure and the
vertical displacement of the top plate encode the infor-
mation to help understand the interplay between particle
movement and fluid-fluid displacement. At a high injection
rate, the dynamics are dominated by the viscous response
to the flow in the cell [22]. For all the confining weights,
the injection pressure exhibits a peak followed by a decay
and a sharp drop corresponding to breakthrough of air
at the cell boundary [Fig. 3(a)]. There are three ways to
accommodate the injected air volume: compressing parti-
cles, driving defending fluid out of the cell, and lifting the
confining weight to create extra vertical room. This last
mechanism is favored under our experimental conditions,
with injection pressure values of approximately 30 kPa. As
shown in Fig. 3(b), where we plot the temporal evolution
of the vertical displacement δh of the top plate (normalized
by the grain size d), the top plate is indeed lifted noticeably
during fracturing: δh/d = 5%, 6%, and 8% under W = 25
N, 65 N, and 85 N, respectively. For the fracturing exper-
iments at φ0 = 0.84, the initial cell height (h0) is 0.98d,
0.96d, and 0.95d under W = 25 N, 65 N, and 85 N, respec-
tively (for detailed calculations, see Appendix B). As W
increases, a higher injection pressure is reached before
the top plate is lifted [Fig. 3(a)], which stores a larger
amount of air for fracturing. The invasion morphology at
breakthrough [Fig. 7 in Appendix A] shows that, for larger
W, a larger volume of air is injected into the cell by either
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(a)

(b)

FIG. 2. Bright-field (left) and dark-field (middle) images of the invading fluid morphology at breakthrough and a histogram (right) of
the light intensity of the blue channel of the dark-field image before air injection (in gray) and at breakthrough (in black), corresponding
to two different initial packing densities φ0, with confining weight W = 25 N. From the dark-field images that visualize the effective
stress field, the invading morphology and rheology of the granular packs are classified as (a) fracturing in fluid-filled elastic media, with
a strong photoelastic response (I > 0.65), φ0 = 0.84, or (b) viscous fingering in frictional fluids, with a weak or negligible photoelastic
response (I < 0.65), φ0 = 0.78. Behind the propagating fracture tips, the effective stress field exhibits an evolving “effective stress
shadow,” where the intergranular stress is low and the granular pack exhibits undrained behavior. For the evolution of the morphology
in each regime, see the videos in the Supplemental Material [35].

fracture branches or pore invasion, both of which con-
tribute to lifting the top plate. During air injection, while
all the particles are in contact with both the top and bottom
plates (h(t) < d), the confining weight is balanced by con-
tact forces between particles and plates and the integrated
pore-pressure force across the Hele-Shaw cell. When the
top plate is lifted to h(t) > d, the vertical component
of the interparticle force is negligible and the confining
weight is balanced by the integrated pore-pressure force
only.

We determine the spatiotemporal evolution of the pack-
ing density and effective stress fields as described in Sec.
II [Figs. 3(e) and 3(f)]. As fractures propagate, the pack
is compacted ahead of the fracture tips but exhibits a
lower packing density around the fractures, reflecting the
moving-average procedure that we use to determine it. In
the fracturing experiments [Fig. 7 in Appendix A], we
observe an asymmetric fracturing morphology with four
to six fracture branches in total and with one or two of
them propagating faster and soon reaching the boundary.
In an effort to characterize the rheological heterogeneity
of the granular pack robustly and consistently across all
the fracturing experiments, we define the fracture radius

(rfrac) as the average distance from three representative
fracture tips to the injection port, including both the long
fractures that first reach the boundary and one or two
shorter fractures near the injection port. As fractures prop-
agate, the fracture radius increases and the effective stress
field exhibits marked rheological heterogeneity [Fig. 3(f)].
Behind the fracture tips (r < rfrac(t)), we discover an effec-
tive stress shadow, where the intergranular stress is low
and the granular pack exhibits undrained behavior. Ahead
of the fracture tips (r > rfrac(t)), particles in the annu-
lar region are compacted and behave elastically. For the
annular region, this distinct rheological behavior from a
frictional to an elastic response can be understood as a
jamming transition [39,40]. This is further evidenced by
the temporal evolution of the averaged packing density and
effective stress in the annular region outside fractures, φout
and σ ′

out [Fig. 3(c)], both of which rise above a background
value at the critical point of mechanical stability (φc, σ ′

c)
[28,39–41]. To show that fracturing is indeed the result of
the transition to a solidlike rheological behavior, we ana-
lyze the evolution of the packing fraction as a function
of the radial distance, φ(r), at different times, alongside
the position of the fracture tip, for one of the fracturing
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(a)

(b)

(c)

(d)

(e)

(f)

FIG. 3. (a)–(c) The time evolution of (a) the injection pressure Pinj, (b) the normalized vertical displacement of the top plate δh/d,
and (c) the averaged packing density φout in the annular region outside fractures for experiments with initial packing density φ0 = 0.84
and W = 25 N, 65 N, and 85 N. The insets of (b) and (c) show the time evolution of the normalized fracture radius rfrac/R and the
averaged effective stress σ ′

out in the annular region outside fractures. The modeling results are plotted in dashed lines. (d)–(f) For the
experiment with φ0 = 0.84 and W = 25 N, a sequence of snapshots shows the time evolution of (d) the interface morphology, (e) the
packing-density field, and (f) the effective stress field, where the radius of the blue circle represents the fracture radius (rfrac) averaged
from three representative fracture tips.

experiments (φ0 = 0.84, W = 25 N; Fig. 4). The ini-
tial packing fraction is sufficiently close to the criti-
cal packing fraction φc that a relatively minor com-
paction elicits the formation and initial propagation
of a fracture. The granular pack jams at some time
between tii and tiii, after which the fracture tip trav-
els across the outer annular region, which is all
above φc.

Where does the effective stress shadow come from? And
how does the rheology of a granular medium evolve dur-
ing the fracturing process? To answer these questions, we
hypothesize that the evolving effective stress shadow—the
exhibited undrained behavior—stems from the build-up
of pore pressure within the wedges of granular media
between propagating fractures. The hypothesis empha-
sizes the strong coupling between the fluid flow and solid
mechanics underpinning the fracturing process.

To analyze the spatiotemporal evolution of the pore
pressure, we develop a mechanistic model for a represen-
tative fracture wedge with an angle θ—a sector of the
fluid-filled granular medium delineated by two fractures
originating from the cell center [Fig. 5(a)]. We assume
Hertz–Mindlin contacts [42] between particles and the

plates and calculate the initial vertical compression of the
granular pack under the confining weight (h0 < d). We
model the fracturing process until breakthrough. The pro-
posed model for a representative fracture wedge with an
angle θ solves the time evolution of four unknowns: (1)
the injection pressure Pinj(t); (2) the height of the gran-
ular pack h(t); (3) the length of the fracture rfrac(t); and
(4) the azimuthally dependent pore-pressure field p(r, θ , t).
The set of governing equations, along with their deriva-
tion and working modeling assumptions, is included in
Appendix B.

The modeling results of Pinj, h and rfrac for different
confining weights show good agreement with the experi-
mental data [Figs. 3(a) and 3(b)]. The time evolution of the
pore-pressure field during fracturing provides important
clues to decipher the behavior of the system [Fig. 5(c)].
The flow-velocity field demonstrates a highly inhomoge-
neous distribution of the pore-pressure gradient, which
concentrates near the fracture tips [Fig. 5(b)]. The model
captures the pressure build-up inside the fracture radius,
resulting in the aforementioned “effective stress shadow,” a
region in which the granular pack is under near-undrained
conditions. These fluidized particles in the stress shadow
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FIG. 4. The radial distribution of the packing fraction (φ(r))
for the fracturing experiment with φ0 = 0.84 and W = 25 N. The
temporal evolution of φ(r) is plotted at six time instances, t0 at
t = 0 and ti ∼ tv in Fig. 3. The location of the fracture tip is
indicated with the cross marker. The packing-fraction distribu-
tion behind the fracture tip is plotted in dashed lines and ahead
of the fracture tip in solid lines. The red dashed line shows the
packing fraction at the jamming transition, φ = φc = 0.85.

lead to grain compaction in the annular region outside,
which helps explain the distinct rheological behavior from
a frictional to an elastic response [Fig. 5(a)].

With the insights from the pore-pressure model, we
expect a different fluid-flow behavior in the loose and

dense regions of the granular pack: a granular-fluid mix-
ture behind the fracture tips and an elastic medium ahead of
the fracture tips. The homogeneous-granular-pack assump-
tion in the pressure model (Appendix B) does not reflect
the disparate rheology. For the rheology model, we take
an effective permeability k′ [43] and viscosity η′ [36] for
the granular-fluid mixture within the fracture radius and
approximate the number of particles Nδt entering the annu-
lar region within a time step as Nδt = (vpδt/d)[rfrac(t)θ/d],
with vp = −(k′/η′)(∂p/∂r)|r=rfrac(t), where vp is the parti-
cle flow velocity at the fracture radius. We update the 2D
packing density in the annular region as

φ(t + δt) = φ(t)+ Nδt πd2

4
1
2 (R

2 − (rfrac(t))2)θ
. (1)

To infer the effective stress from the packing density, we
adopt the power-law constitutive relationship σ ′ − σ ′

c =
K

〈
(φ − φc)/φc

〉ψ
[39,40,44–46]. The modeling results

of (φ(t), σ ′(t)) in the annular region agree well with
the experiments [Fig. 3(c)], capturing both the pore-
pressure evolution and rheology of the granular medium.
A detailed account of the modeling parameters is included
in Appendix B.

To explore the rheological properties of the granular
medium in the annulus, we conduct the jamming transition
analysis for the fracturing experiments. We determine the
jamming transition φc from the time evolution of the effec-
tive stress σ ′ as the intersection of two straight lines: one
fitting the response of the background state and the other

= 10 mm/s

(kPa)

(ii) (iii)

(iv) (v)

(a) (c)

(b)

frictional fluid
elastic medium

( )

( )

effective-stress
shadow

granular flow
driven by 

FIG. 5. A mechanistic model on fracturing that explains the effective stress shadow observed in experiments. (a) A schematic of the
model setup for a fracture wedge with an angle θ = 60◦. The granular flow driven by the concentrated pore-pressure gradient within
fracture tips keeps compacting particles in the annular region outside, leading to its increase in packing density and a rheological
transition from frictional flow to elastic medium. (b) The modeled flow-velocity field at time instance (iii) in Fig. 3(a). (c) A sequence
of snapshots showing the time evolution of the modeling pore-pressure field. Modeling conditions: φ0 = 0.84, W = 25 N, q = 100
ml/min, and V0 = 15 ml.
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0 = 0.84
0 = 0.82
0 = 0.80

W = 25 N 65 N 85 N

= , =

(a)

(b)

FIG. 6. The jamming-transition analysis for the fracturing
experiments (φ0 = 0.84, 0.82, and 0.80; W = 25 N, 65 N, and
85 N). (a) The determination of the critical packing density and
effective stress at jamming for the experiment W = 25 N, φ0 =
0.84. (b) σ ′ − σ ′

c plotted against φ − φc for the fracturing exper-
iments, which follows the power-law constitutive relationship

σ ′ − σ ′
c = K

〈
φ−φc
φc

〉ψ
[39,40,44–46].

fitting the asymptotic behavior in the highly compacted
state [28,40,47] [Fig. 6(a)]. We find that φc lies in the
range 0.83–0.85 for the fracturing experiments [Fig. 2(a)
and regime I in Appendix A], with a higher φc correspond-
ing to denser granular packs. The experimental value of
φc is consistent with the theoretical prediction that the sys-
tem jams at the random-close-packing density φc ≈ φrcp ≈
0.84 [28,48–50]. We synthesize the elastic response of the
system by plotting the effective stress against the packing
density, showing that, above φc, σ ′ follows a power-law
increase, σ ′ − σ ′

c ∼ (φ − φc)
ψ , with the exponent ψ in the

range 1.1–1.5 [Fig. 6(b)]. As confirmed in previous stud-
ies [28,39,40,44,45], the value of ψ lies between the value
for linear (ψ = 1.0) and Hertzian contacts (ψ = 1.5). In
our stress-strain diagram [Fig. 6(b)], the elastic response in
the annular region indicates a value of K ∼ 200–300 kPa,

which is close to the value measured in separate exper-
iments [30]. Ideally, the parameters in the constitutive
relation (K ,ψ) would be the same for all the experiments,
reflecting the elastic behavior of the material after the jam-
ming transition. In the experiments, though, this is not the
case, and the coefficients in the power law exhibit some
variability in part at least due to the asymmetric fractur-
ing morphology and the inhomogeneous distribution of the
packing fraction and effective stress fields ahead of the
fracture tips. In an effort to characterize the rheological
heterogeneity of the granular pack more robustly, in our
mathematical model, we define the fracture radius (rfrac)
as the averaged distance from three representative fracture
tips to the injection port.

IV. CONCLUSIONS

In summary, we study the morphology and rheology of
injection-induced fracturing in wet granular packs via a
recently developed experimental technique, photoporome-
chanics, which extends photoelasticity to granular systems
with a fluid-filled connected pore space [30]. Experiments
of air injection into photoelastic granular packs with differ-
ent initial packing densities and confining weights lead us
to uncover two invasion regimes: fracturing in fluid-filled
elastic media and viscous fingering in frictional fluids.
Visualizing the evolving effective stress field using photo-
poromechanics, we discover that behind the fracture tips,
an effective stress shadow—where the intergranular stress
is low and the granular pack exhibits undrained behav-
ior—evolves as fractures propagate. With a mechanistic
model for a fracture wedge, we capture the fluid pressure
build-up inside the shadow region. We develop a rheol-
ogy model that explains both the effective stress shadow
behind the fracture tips and the distinct rheological behav-
ior from a frictional to an elastic response for the granular
medium outside the fractures. Finally, we rationalize the
emergence of fracturing across our experiments as a jam-
ming transition, initially proposed in the context of coupled
pore-network and discrete-element models [28].

Our study hopefully paves the way for understanding the
mechanical and fracture properties of porous media that are
of interest for many field applications, including plant root
growth in granular material [31,51], powder aggregation
[52], rock mechanics [53], soil rheology [54], and geoengi-
neering [55]. We demonstrate that photoporomechanics
may serve as an effective technique to study coupled fluid-
solid processes in granular media [4] and may provide
fundamental insights on specific applications, including
energy recovery [56], gas venting [57], and geohazards
[58].
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FIG. 7. A visual phase diagram of the bright-field (left) and dark-field (right) invading fluid morphology at breakthrough correspond-
ing to different confining weights W and initial packing densities φ0. From dark-field images that visualize the effective stress field, the
invading morphology and rheology of the granular packs is classified as fracturing in fluid-filled elastic media (with a strong photoe-
lastic response, φ0 = 0.84, 0.82, and 0.80), or viscous fingering in frictional fluids (with a weak or negligible photoelastic response,
φ0 = 0.78). Behind the propagating fracture tips, the effective stress field exhibits an evolving “effective stress shadow,” where the
intergranular stress is low and the granular pack exhibits undrained behavior.
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APPENDIX A: THE COMPLETE VISUAL PHASE
DIAGRAM OF INVADING FLUID MORPHOLOGY

AT BREAKTHROUGH

Figure 7 shows the complete visual phase diagram of
invading fluid morphology for a range of values of φ0 and
W.

APPENDIX B: MATHEMATICAL MODEL OF
COUPLED FLUID PRESSURE AND GRANULAR

MECHANICS

We develop a mechanistic model for a representative
fracture wedge with an angle θ0. We assume Hertz-Mindlin
contacts [42] between particles and the plates and calcu-
late the initial vertical compression of the granular pack
under the confining weight (h0 < d). We model the frac-
turing process until breakthrough of the injected fluid. The
model solves the time evolution of four unknowns: (1)

the injection pressure Pinj(t); (2) the height of the gran-
ular pack h(t); (3) the length of the fracture rfrac(t); and
(4) the azimuthally dependent pore-pressure field during
fracturing, p(r, θ , t).

1. Governing equations

(1) We assume fluid flowing in a homogeneous porous
medium of uniform packing density (φ3D) and time-
dependent uniform thickness (h(t)), in an azimuthally

( + )

( + )

FIG. 8. An annulus sector used to derive the pressure-diffusion
equation in radial coordinates.
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TABLE I. The modeling parameters for a mechanistic model of a representative fracture wedge

Symbol Value Unit Variable

r0 2 mm Injection port radius
R 10.6 cm Hele-Shaw cell radius
Ms 40 g Mass of the photoelastic particles
ρs 1 g/cm3 Density of the photoelastic particles
φ3D 0.58, 0.59, 0.60 3D packing density under W = 25 N, 65 N, and 85 N
W 25, 65, 85 N Confining weight acting on the granular pack
d 2 mm Diameter of the photoelastic particles
Kn 9.4 × 107 N/m(3/2) Hertzian-contact normal stiffness of the granular pack
q 100 ml/min Air injection rate
V0 15 ml Air-reservoir volume
P0 101 kPa Atmospheric pressure
θ π/3 Angle of a representative fracture wedge
w 3d mm Fracture width
h0 0.98d, 0.96d, 0.95d mm Initial height of the granular pack under W = 25 N, 65 N, and 85 N
k (0.08d)2 mm2 Permeability of the granular pack
k′ d2/12 mm2 Effective permeability of the granular-fluid mixture
η 9.71 Pa s Defending fluid viscosity
η′ 9.8η Pa s Effective viscosity of the granular-fluid mixture [36]

dependent manner. We perform a mass balance on an annu-
lus sector between r and r + δr, θ and θ + δθ (Fig. 8) for
the incompressible defending fluid (silicone oil):

ρf (vrrδθh − vr+δr(r + δr)δθh + vθδrh − vθ+δθ δrh)

= ∂(ρf rδrδθh(1 − φ3D))

∂t
, (B1)

where φ3D is the three-dimensional (3D) packing density of
the granular pack, which is computed as the ratio between
the volume of particles and the cell volume saturated
with the defending silicone oil. Before the air injection,
φ3D = Vs/Vt = (Ms/ρs)/(πR2h0), where Ms and ρs are the
mass and density of the photoelastic particles in a granular
pack, respectively. The initial cell height, h0, is calculated
from the confining weight by assuming Hertzian contacts
between the particles and the glass plate. We estimate the
3D packing density before air injection and also at break-
through, a calculation that shows a negligible difference
between the two values. Therefore, in the model, we take
the 3D packing fraction as a constant calculated with the
initial cell height, φ3D,0. Dividing the equation by ρf δrδθ
and letting δr → 0 and δθ → 0:

−∂(vrrh)
∂r

− ∂(vθh)
∂θ

= ∂(rh(1 − φ3D))

∂t
. (B2)

Combining with Darcy’s law for the fluid velocity, we
obtain

∂(rh k
η

∂p
∂r )

∂r
+
∂( h

r
k
η

∂p
∂θ
)

∂θ
= ∂(rh(1 − φ3D))

∂t
, (B3)

where k is the permeability of the granular pack and η is the
viscosity of the defending fluid. We assume φ3D, k, and η to
be constant in space and time. We then obtain the pressure
diffusion equation for the defending fluid (silicone oil) in
cylindrical coordinates as follows:

kh
η

(
∂2p
∂r2 + 1

r
∂p
∂r

+ 1
r2

∂2p
∂θ2

)
= (1 − φ3D)

∂h
∂t

. (B4)

(2) The conservation of mass for the total air in the
system is as follows:

Pinj(t)(V0 − qt + Vair(t)) = P0(V0 + πr2
0h0), (B5)

Vair(t) = πr2
0h(t)+ Vfrac(t) (B6)

Vfrac(t) = 2π
θ0
(rfrac(t)− r0)wh(t), (B7)

where V0 is the syringe volume before air injection, r0 is
the injection port radius, Vair(t) is the air volume in the cell,
which consists of the air volume at the injection port and
the volume of fractures Vfrac(t), w is the fracture width, and
P0 is the atmospheric pressure.

(3) Assuming incompressible solid grains, conservation
of mass for the solid grains states that

∂Vs

∂t
= 0 → ∂[(Vt(t)− Vair(t))φ3D]

∂t
= 0, (B8)

where Vt(t) is the total cell volume. As φ3D is a constant
with time, the equation becomes

Vair(t) = πR2(h(t)− h0)+ πr2
0h0, (B9)

where R is the radius of the cell.

064081-9



MENG, LI, and JUANES PHYS. REV. APPLIED 18, 064081 (2022)

finish at breakthrough

Eqns. (B.5), (B.6), and (B.7)

Eqns. (B.4), (B.15), (B.16), and (B.17)

Eqn. (B.10)

Eqn. (B.9)

YES

YES

and

NO

NO

FIG. 9. The numerical implementation scheme for the mathematical model. The fluid pressure is fully coupled with the granular
mechanics by solving the unknown variables, h(t) and rfrac(t), iteratively until convergence at each time step.

(4) We establish the quasistatic force balance for the
top plate assuming Hertzian contacts for the granular pack.
When all the particles are in contact with both the top and
bottom plates (h(t) < d), the confining weight is balanced
by contact forces between particles and plates and the inte-
grated pore-pressure force. When the top plate is lifted to
h(t) > d, particles have contacts with either the top or bot-
tom plate and the vertical component (Fv) of the interpar-
ticle force (Fp ) is negligible from the geometric configu-
ration, Fv/Fp = (h − d)/d < 0.03, and thus the confining
weight is balanced by the integrated pore-pressure force
only:

Kn

〈
(d − h(t))

〉 3
2 + Pinj(t)πr2

0

+ 2π
θ0

∫ R

r0

∫ θ0
2

− θ0
2

p(r, θ , t)r dθ dr = W, (B10)

where Kn is the contact normal stiffness of the granular
pack under the confining weight.

2. Initial and boundary conditions

The initial conditions for the four unknowns (Pinj(t),
h(t), rfrac(t), and p(r, θ , t)) are as follows:

Pinj(t = 0) = 0, (B11)

h(t = 0) = h0 = d − (
W
Kn
)2/3, (B12)

rfrac(t = 0) = r0, (B13)

p(r0 ≤ r ≤ R, −θ0

2
≤ θ ≤ θ0

2
, t = 0) = 0. (B14)

The boundary conditions are

p(R, θ , 0) = 0, (B15)

p(r0 ≤ r ≤ rfrac(t), ±θ0/2, t) = p(r0, θ , t) = Pinj(t),
(B16)

∂p
∂θ

∣∣∣∣
(rfrac(t)≤r≤R,±θ0/2,t)

= 0. (B17)

3. Modeling parameters

A summary of the modeling parameters is shown in
Table I. There is no fitting parameter in this model. The
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Hertzian-contact normal stiffness, Kn, is measured from a
separate experiment where we track the vertical displace-
ment of the top plate as the confining weight increases from
10 N to 110 N. The permeability of the granular pack, k, is
measured in consolidation experiments [30]. Other param-
eters are either calculated from the experimental setup (r0,
R, Ms, ρs, φ3D, W, d, q, V0, P0, h0, k′, η, and η′) or directly
measured during the fracturing experiments (w and θ0).

4. Numerical implementation

We use a finite-difference numerical scheme to solve the
four coupled governing equations [Eqs. (B4), (B5), (B9),
and (B10)]. The numerical implementation scheme for the
mathematical model is shown in Fig. 9. The fluid pres-
sure is fully coupled with granular mechanics by solving
the unknown variables, h(t) and rfrac(t), iteratively until
convergence at each time step.
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We study fluid-induced deformation of granular media, and the fundamental role of capillarity and wettability
on the emergence of fracture patterns. We develop a hydromechanical computational model, coupling a “moving
capacitor” dynamic network model of two-phase flow at the pore scale with a discrete element model of grain
mechanics. We simulate the slow injection of a less viscous fluid into a frictional granular pack initially saturated
with a more viscous, immiscible fluid. We study the impact of wettability and initial packing density, and find
four different regimes of the fluid invasion: cavity expansion and fracturing, frictional fingers, capillary invasion,
and capillary compaction. We explain fracture initiation as emerging from a jamming transition, and synthesize
the system’s behavior in the form of a phase diagram of jamming for wet granular media.
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Immiscible fluid-fluid displacement in porous media is
important in many natural and industrial processes, including
the displacement of air by water during rainfall infiltration
[1], storage of carbon dioxide in deep saline aquifers [2],
contaminant soil remediation [3], enhanced oil recovery [4],
and design of microfluidic devices [5]. While fluid-fluid dis-
placement in rigid porous media has been studied in depth,
fundamental gaps remain in our understanding of the inter-
play between multiphase flow in a granular medium and the
displacement of the grain particles [6,7]. This interplay can
lead to a wide range of patterns, including fractures [8–14],
desiccation cracks [15,16], labyrinth structures [17], and gran-
ular and frictional fingers [18–21]. There are several control-
ling parameters behind the morphodynamics that govern the
transition between the different regimes. A modified capillary
number Ca∗ characterizes the crossover from capillary finger-
ing to viscous fingering [22], and a transition from fingering
to fracturing can be achieved either by decreasing frictional
resistance [22], or setting the outer boundary as free [23].
The balance between frictional, viscous, and capillary forces
has been studied in experiments [17,21,22] and simulations
[10,24], and has helped understand the underlying mecha-
nisms for a wide range of phenomena, including venting
dynamics of an immersed granular layer [25–27], fractures in
drying colloidal suspensions [8,12], and methane migration in
lake sediments [28–31].

As one of the factors that influences multiphase flow in
porous media, wettability (the relative affinity of the substrate
to each of the fluids, and measured by the contact angle θ ) has
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been studied for decades. While much is now known about
the role of wettability on multiphase displacements in porous
media [32–47], fundamental gaps remain in the context of
grain-scale mechanisms and their macroscale consequences.
Given the importance of capillarity on the fracture of gran-
ular packs [10,14,21,22,24], here we focus on the impact of
wetting properties on the emergence of such fracture patterns.
We also adopt packing density as a control parameter, since
it can lead to a transition from Saffman-Taylor instability
to dendritic (or ramified) fingering patterns [48], or from
frictional fingering to stick-slip bubbles [21].

In this Rapid Communication, we uncover four fluid-
invasion morphological regimes under different initial pack-
ing densities and substrate wettabilities: cavity expansion and
fracturing, frictional fingers, capillary invasion, and capillary
compaction. To rationalize these simulation outputs, we pro-
pose to analyze the evolution of the system as one approaching
a jamming transition, which provides insights that allow us to
map the wealth of behavior map the wealth of behavior onto a
phase diagram of jamming for wet granular media.

We adopt a recently developed “moving capacitor” dy-
namic network model to simulate fluid-fluid displacement at
the pore level [44] (see Supplemental Material [49]). The
model employs an analog of the pore network geometry,
where resistors, batteries, and capacitors are responsible for
viscous, out-of-plane, and in-plane Laplace pressure drops, re-
spectively. The fluid-fluid interface is represented as a moving
capacitor—when the interface advances, the Laplace pressure
increases until it encounters a burst (equivalent to a Haines
jump), touch (touches the nearest particle), or overlap event
(coalesces with a neighboring interface) [35,36,43]. These
events determine how the interface advances, enlisting one or
more new particles when a node on the interface reaches its
filling capacity and becomes unstable. This model reproduces
both the displacement pattern and the injection pressure signal
under a wide range of capillary numbers and substrate wetta-
bilities [43,44,50].
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FIG. 1. Visual phase diagram of the invading fluid morphology at breakthrough corresponding to different substrate wettabilities (contact
angle θ ) and initial packing densities φ0. We identify four distinct morphological regimes: (I) cavity expansion and fracturing, (II) frictional
fingers, (III) capillary invasion, and (IV) capillary compaction. See supplemental videos for the evolution of the morphology in each regime
[49].

To capture particle motion, we couple the dynamic flow
network model with a discrete element model (DEM),
PFC2D® [49,51]. Hydromechanical two-way coupling is
achieved from three perspectives: (1) The fluid pressures cal-
culated from the moving-capacitor flow model exert forces on
particles, and lead to particle rearrangement and deformation;
(2) particle movements change the geometric configuration
of the granular pack, which in turn changes the pore net-
work topology and throat conductances and capillary entry
pressures; and (3) expansion of the central cavity around the
injection port “consumes” injected fluid, which decreases the
flow of fluid permeating through the granular pack.

We simulate immiscible fluid-fluid displacement through
a granular pack confined in a circular flow cell, by setting a
constant injection rate at the center, and constant pressure at
the perimeter. The invading and defending fluid viscosities are
set to ηinv = 8.9 × 10−4 Pa s for water, and ηdef = 0.34 Pa s
for oil, respectively, and the interfacial tension is set to γ =
13 × 10−3 N/m. These parameters are chosen to mimic the
experiments of Zhao et al. [41]. The granular pack has an
outer and inner radius of Rout = 13.25 mm, Rin = 0.5 mm,
and a height h = 330 μm. We adopt a simplified Hertz-
Mindlin contact model [51] for particles in the granular pack,
with the following properties: shear modulus G = 50 MPa,
Poisson ratio ν = 0.5 (quasi-incompressible, as in Ref. [52]),
coefficient of friction μ = 0.3 [22], density ρ = 1040 kg/m3,
and mean diameter d = 300 μm with 10% standard deviation
(the same polydispersity as in Ref. [52]). We choose an
injection rate Qinj = 4.3 × 10−11 m3/s, corresponding to a
modified capillary number Ca∗ = ηdefQinjRout/(γ hd2) = 0.5
[22], for which viscous pressure gradients have time to relax
between front movements, and capillary effects govern the
displacement [53]. We conduct simulations in which we fix

these parameters, and we vary the contact angle θ from 140◦
(drainage) to 46◦ (imbibition), and the initial packing density
φ0 from 0.68 (loose pack) to 0.84 (dense pack).

In Fig. 1, we show the fluid invasion morphologies that
result from injection in the form of a visual phase diagram
for different values of θ and φ0. The collection of patterns
at breakthrough—when the invading fluid first reaches the
outer boundary—exhibits four different regimes: (I) cavity
expansion and fracturing, (II) frictional fingers, (III) capillary
invasion, and (IV) capillary compaction.

To elucidate the conditions that lead to the emergence of
each type of invasion pattern, we analyze the time evolution
of the interface morphology and injection pressure for rep-
resentative cases of each regime (see Fig. 3 of Supplemental
Material and supplemental videos [49]).

Regime I: Cavity expansion and fracturing. When the injec-
tion pressure from fluid injection is sufficient to push particles
outwards, the cavity keeps expanding until the energy input
becomes insufficient to compact the granular pack further; the
point at which fractures emerge [Supplemental Fig. 3(a) in
Ref. [49]]. The wide range in Pcap at breakthrough (td → 1)
confirms the vulnerability of fracture tips compared with other
throats along the cavity perimeter.

Regime II: Frictional fingers. At only weakly wetting con-
ditions, the injection pressure is positive but smaller than in
drainage. In this case, the injected fluid pushes away particles
in certain directions, preferably those with loosely packed
particles, and develops frictional fingers [Supplemental
Fig. 3(b) in Ref. [49]].

Regime III: Capillary invasion. When particles have
been densely packed initially, a small injection pressure
(either positive or negative) is insufficient to overcome the
established chains of contact forces, and thus particles do
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FIG. 2. Time evolution of (a) injection pressure Pinj and (b) packing density φ for simulations with initial packing density φ0 = 0.77, and
θ = 75◦, 90◦, 120◦, 140◦. The crosses denote the jamming transition for each case.

not move. In this case, we observe patterns of capillary fluid
invasion in rigid media [Supplemental Fig. 3(c) in Ref. [49]].
The crossover from capillary invasion to capillary fracturing
can be triggered, as we demonstrate here, by increasing θ to
increase capillary forces.

Regime IV: Capillary compaction. In strong imbibition
the injection pressure is negative, and for sufficiently loose
granular packs, particles are dragged into the invading fluid
under the out-of-plane curvature effect, leading to capillary
compaction [Supplemental Fig. 3(d) in Ref. [49]].

The temporal signal of the injection pressure encodes
information needed to understand the interplay between parti-
cle movement and fluid-fluid displacement. Since we restrict
our study to the case when capillary forces dominate and
viscous dissipation is negligible, the injection pressure signal
is determined by the capillary entry pressure Pcap, which
is a sum of in-plane and out-of-plane components. As a
result, the injection pressure shows fluctuations in a stick-slip
manner for all θ and φ0, as has been documented in slow
drainage experiments [53–55] and simulations [44]. As θ

decreases, indicating that the substrate becomes more wetting
to the invading fluid, the fluid-fluid displacement is controlled
by cooperative pore-filling events (touch and overlap) with
smaller Pcap compared with burst events [35,36,43,44]. This
explains the general decreasing trend of injection pressure as
θ decreases [Fig. 2(a)].

In a drainage displacement, instead of fluctuating around a
mean value [44], the injection pressure exhibits a surprising
convex shape as a function of time, first decreasing and then
increasing with time. This is a signature of the fluid-solid cou-
pling: The particles around the cavity are separated (opening
up the throats and decreasing Pcap) during the initial stages
of expansion, and then brought closer together (narrowing
the throats and increasing Pcap), as the granular pack is being
compacted during the late stages [Fig. 2(a)].

Figure 1 exhibits a surprising and heretofore unrecognized
behavior of fluid injection into a granular pack: A decrease in
θ—that is, transitioning from drainage to weak imbibition—
leads to an earlier onset of fracturing, as evidenced by the
smaller size of the fluid cavity at fluid breakthrough. This be-
havior cannot be explained by the evolving injection pressure
level, or the evolving packing fraction outside the cavity, or

the volume of fluid injected alone. Indeed, the transition to
fracturing for different wetting conditions occurs at different
injection pressures [Fig. 2(a)], different packing fractions
[Fig. 2(b)], and different times [Fig. 2(a), 2(b)].

This raises the question of how wettability impacts the
onset of fracturing, and whether such dependence is amenable
to prediction. To answer this question, we hypothesize that
the emergence of fracturing is akin to a phase transition from
liquidlike to solidlike behavior, and that therefore it can be
understood as a jamming transition. Indeed, the jamming tran-
sition has proved instrumental in understanding mechanical
integrity in a remarkably diverse range of systems [56]. Ex-
amples include colloidal suspensions [57], athermal systems
such as foam and emulsions [58], and the glass transition
in supercooled liquids [59,60]. The jamming transition also
occurs in (dry) granular systems at a well-defined packing
density φc when the conditions of mechanical stability are
satisfied [61–65]. Here, we explore whether the concept of
jamming can be used to quantitatively explain the emergence
of fractures in wet granular systems and, specifically, whether
the onset of fracturing in our system arises from a jamming
transition.

The jamming transition in a dry granular system occurs
at a threshold packing fraction φc when mechanical stability
is achieved. For φ < φc, the network of contact forces is
constantly evolving and changing topology through particle
rearrangement. For φ > φc, in contrast, the force network
locks in and its strength is enhanced through particle deforma-
tion [61,64]. Classic metrics that characterize the transition in
frictionless systems are a discontinuous increase in the mean
contact number Z , a rise in the mean isotropic stress P of
the granular pack above its background value [61], or the
emergence of a nonzero shear modulus [63].

We confirm that the behavior of our system responds in
a manner consistent with a jamming transition. In particular,
we compute at each stage of the granular pack deformation
the Cauchy stress tensor for each particle in the system,
σi j = 1

V

∑
nc

(xc
i − xi )F c

j , where nc is the number of contacts
for the particle. From the stress tensor we extract its isotropic
component P = tr(σi j ) and a measure of the shear stress,
τmax = (σmax − σmin)/2, where σmax and σmin are the largest
and smallest eigenvalues of σi j , respectively. We observe
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FIG. 3. Jamming transition analysis for φ0 = 0.77, θ = 75◦, 90◦, 120◦, 140◦. (a)–(c) Average maximum shear stress (τmax), mean particle
stress (P), and mean contact number (Z) as a function of packing density φ in the compacting granular layer. (a) Inset: Determination of
the critical packing fraction at jamming. (b), (c) Insets: P − Pc, Z − Zc as a function of φ − φc, exhibiting power-law trends. (d) Interface
morphology at the jamming transition [identified from (a)] for θ = 75◦, 90◦, 120◦, 140◦ (black line), compared with that at breakthrough (red
line). The comparison confirms that the jamming transition determines the onset of fracturing.

that both quantities rise above a near-zero background as a
function of the evolving mean packing fraction φ outside the
central cavity [Fig. 3(a)].

We determine the jamming transition φc from the τmax

profile as the intersection of two straight lines: one fitting the
response of the background state, and one fitting a straight
line to the asymptotic behavior in the highly compacted state
[61,63] [Fig. 3(a), top inset]. For simulations with an initial
packing density φ0 = 0.77, the jamming transition occurs
at a critical packing density φc that takes increasing values
(between 0.83 and 0.86) for increasing values of the contact
angle (between θ = 75◦ and 140◦) [Fig. 3(a)]. This result
is consistent with our hypothesis of the emergence of frac-
turing being controlled by a jamming transition, in which
the transition occurs earlier (at a smaller φc) in imbibition
than in drainage. Previous studies of jamming transition
in both frictionless [64,66,67] and frictional [61] systems
show a power-law increase of the mean stress with pack-
ing fraction above jamming, P − Pc ∼ (φ − φc)ψ , with an
exponent slightly larger than 1, ψ ≈ 1.1. Our simulations
for a wet granular system also show a power-law increase,
with the exponent ψ in the range 1.06–1.39, larger values
corresponding to drainage displacements and loose granular
packs, and smaller values corresponding to imbibition dis-
placements and dense granular packs [Fig. 3(b), middle inset].
For our granular packings of finite μ = 0.3, Zc is expected to
vary smoothly between Zc(μ = 0) = 4 and Zc(μ → ∞) → 3
[67,68]. Indeed, we find that Zc lies in the range of 3.49–3.96,
and exhibits a power-law dependence with packing fraction
above jamming, Z − Zc ∼ (φ − φc)β , β ∼ 0.87 [Fig. 3(c),
bottom inset]. Earlier studies have found exponents at jam-

ming in the vicinity of the jamming packing fraction and
have shown that β ∼ 0.5 [61,64,66,67,69]. Here, we study the
behavior of granular packs beyond the jamming transi-
tion, and therefore we conduct a correction-to-scaling analy-
sis [70,71]: Z − Zc = (φ − φc)β (1 + a(φ − φc)ω + · · · ), with
the leading correction-to-scaling exponent ω = 0.3 [70], and
the prefactor a = 8.94 in the order of O(1), which validates
the value of β obtained. The fact that fractures grow after
the defined jamming transition φc (as evidenced by a visual
comparison of the interface morphology at jamming and at
breakthrough [Fig. 3(d)]) confirms our hypothesis that the
onset of fractures emerges from a jamming transition.

A fundamental contribution to understanding jamming in
(dry) granular systems was made in the form of a phase
diagram that delineates the jammed state in the phase space of
density, load, and temperature [72]. It shows that jamming can
occur only at sufficiently high density, and that an increase in
either load or temperature can unjam a system. We extend this
description to wet granular systems by identifying quantities
that determine the phase transition between jammed and
unjammed states. We identify the packing fraction φ as the
“density,” and we posit that injection pressure Pinj plays the
role of the “load” during injection. Thus, we represent any
generic evolution of our system as a trajectory in (P∗

inj, 1/φ)
space (Fig. 4), where Pinj is nondimensionalized by the char-
acteristic capillary entry pressure in the system, γ /d .

Trajectories for regime I start with the prescribed φ0 and
move upwards in phase space as the granular pack is being
compacted by the injected fluid. The injection pressure shows
an initially decreasing and then increasing trend, as explained
in Fig. 2(a). The transition from cavity expansion to fracturing
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FIG. 4. Phase diagram of jamming for wet granular media when capillary forces dominate. Shown are the trajectories of the system in
(P∗

inj, 1/φ) space for all the simulated cases of Fig. 1, ranging in contact angle θ from 140◦ (drainage) to 46◦ (imbibition), and ranging in initial
packing density φ0 from 0.68 (loose pack) to 0.84 (dense pack). Note the different scale of the horizontal axis for positive and negative injection
pressures. For all four regimes of fluid invasion and grain deformation, the proposed diagram uniquely separates the system’s unjammed state
(blue) from its jammed state (gray), independently of θ and φ0. In particular, this explains the onset of fracturing in capillary-dominated
fluid-driven injection into granular packs (red symbols).

corresponds to a transition from the unjammed state to the
jammed state. We collect transition points φc (shown as red
markers in Fig. 4) for every simulation with a specific φ0

and θ . These points collapse on a line in (P∗
inj, 1/φ) space,

showing that under the same loading condition, the system
jams at the same φc, independently of θ or φ0. This transition
line in the jamming phase diagram separates fundamentally
different behaviors exhibited by our wet granular systems: flu-
idlike behavior (cavity expansion) in the unjammed state, and
solidlike behavior (fracturing) in the jammed state (Fig. 4).
This transition also helps explain the onset of fracturing: A
larger energy input brought by the injection of a nonwetting
fluid (larger value of the contact angle θ ) compacts the system
to a denser state before jamming occurs, which, in turn, delays
the onset of fracturing.

We also show in Fig. 4 the trajectories for regimes II, III,
and IV. Frictional fingers (regime II) have a positive injection
pressure. The trajectories corresponding to this regime move
upwards in φ as the system is being compacted, with stick-slip
fluctuations in Pinj, but remain in the unjammed state for their
entire evolution. Capillary invasion (regime III) occurs in an
initially dense granular pack. The entire trajectory lies in the
jammed state, with almost constant φ and stick-slip fluctu-
ations in Pinj. Capillary compaction (regime IV) occurs when
the out-of-plane capillary pressure dominates and the granular
pack is relatively loose initially. We calculate φ for the region
inside the fluid-fluid interface. Since the negative dragging
pressure is comparable for all our simulations in this regime
(−50 to −10 Pa), the granular pack is compacted inwards up
to approximately the same packing density (φ ≈ 0.83) above
the jamming transition. At zero external load (Pinj = 0), our

system jams at the random close packing fraction φc ≈ φrcp ≈
0.84 [73–75].

In summary, we have studied morphological transi-
tions in granular packs as a result of capillary-dominated
fluid-fluid displacement via a fully coupled model of two-
phase flow and grain mechanics. Simulations of fluid injection
into a granular pack with different initial packing densities and
substrate wettabilities have led us to uncovering four invasion
regimes: cavity expansion and fracturing, frictional fingers,
capillary invasion, and capillary compaction. In particular, we
have identified the emergence of fracture, and its surprising
and unexplored dependence on the system’s wettability. We
have shown that the onset of fracture can be explained as
a jamming transition, as confirmed by the behavior of the
classic metrics of jamming such as the mean isotropic stress.
We have synthesized the system’s response in the form of
a phase diagram of jamming for wet granular media, on
which the jamming transition for all different trajectories
collapse on a single line in (P∗

inj, 1/φ) space, independently
of the initial packing density φ0 and contact angle θ . Due
to the irreversible nature of friction during collective particle
motion, pumping fluid back after injection-induced defor-
mation will lead to a granular configuration very different
from the initial packing, which lies outside the scope of this
study.

Our study paves the way for understanding the impact of
other key variables of a wet granular system, such as proper-
ties of the solid particles (rigidity, friction coefficient, cemen-
tation) or the fluid (viscosity contrast, capillary number). By
tailoring the range of values of these variables, our analysis
may provide fundamental insight on specific applications,
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from nanotechnology [76] to energy recovery [77], natural gas
seeps [78,79], and geohazards [80,81].
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Crossover from viscous fingering to
fracturing in cohesive wet granular media: a
photoporomechanics study†

Yue Meng, ‡ Wei Li § and Ruben Juanes *

We study fluid-induced deformation and fracture of cohesive granular media, and apply photoporo-

mechanics to uncover the underpinning grain-scale mechanics. We fabricate photoelastic spherical

particles of diameter d = 2 mm, and make a monolayer granular pack with tunable intergranular

cohesion in a circular Hele–Shaw cell that is initially filled with viscous silicone oil. We inject water into

the oil-filled photoelastic granular pack, varying the injection flow rate, defending-fluid viscosity, and

intergranular cohesion. We find two different modes of fluid invasion: viscous fingering, and fracturing

with leak-off of the injection fluid. We directly visualize the evolving effective stress field through the

particles’ photoelastic response, and discover a hoop effective stress region behind the water invasion

front, where we observe tensile force chains in the circumferential direction. Outside the invasion front,

we observe compressive force chains aligning in the radial direction. We conceptualize the system’s

behavior by means of a two-phase poroelastic continuum model. The model captures granular pack

dilation and compaction with the boundary delineated by the invasion front, which explains the

observed distinct alignments of the force chains. Finally, we rationalize the crossover from viscous

fingering to fracturing by comparing the competing forces behind the process: viscous force from fluid

injection that drives fractures, and intergranular cohesion and friction that resist fractures.

1. Introduction

Multiphase flow through granular and porous materials exhi-
bits complex behavior, the understanding of which is critical in
many natural and industrial processes, and the design of
climate-change mitigation strategies. Examples include infiltra-
tion of water into the vadose zone,1 methane migration in lake
sediments,2 hillslope infiltration and erosion after forest fires,3

growth and deformation of cells and tissues,4 shale gas
production,5 and geological carbon dioxide storage.6 This com-
plexity is linked to the interplay between multiphase flow and
granular mechanics, which controls the morphological pat-
terns, evolution, and function of a wide range of systems.7 In
many granular-fluid systems, the strong coupling among vis-
cous, capillary, and frictional forces leads to a wide range of
patterns, including desiccation cracks,8,9 labyrinth structures,10

granular fingers,11–13 corals, and stick-slip bubbles.14 In the

context of interfacial flows, fracture patterns have been
observed in loose systems—such as particle rafts as a result
of surfactant spreading15,16—as well as dense systems—such as
colloidal suspensions as a result of drying.17,18

While fracturing during gas invasion in fluid-saturated
media has been studied extensively in experiments12,15–22 and
simulations,13,23–30 the underlying grain-scale mechanisms
behind the morphodynamics and rheologies exhibited by
deformable granular media remain poorly understood. To
tackle this challenge, Meng et al.31 adopt a recently developed
experimental technique, photoporomechanics,32 to directly
visualize the evolving effective stress field in a fluid-filled
cohesionless granular medium during fluid-induced fracturing.
The effective stress field exhibits a surprising and heretofore
unrecognized phenomenon: behind the propagating fracture
tips, an effective stress shadow, where the intergranular stress
is low and the granular pack exhibits undrained behavior,
emerges and evolves as fractures propagate.

Here we aim to extend our previous work31 to cohesive
granular media. The mechanical and fracture properties of
cohesive granular media are of interest for many applications,
including powder aggregation,33,34 stimulation of hydrocarbon-
bearing rock strata for oil and gas production,35 precondition-
ing and cave inducement in mining,36,37 and remediation of

Massachusetts Institute of Technology, 77 Massachusetts Avenue, Cambridge, MA,

USA. E-mail: juanes@mit.edu

† Electronic supplementary information (ESI) available: 2 Movie files and a text
document with captions for ESI files. See DOI: https://doi.org/10.1039/

d3sm00897e

‡ Present address: Stanford University, Stanford, CA, USA.
§ Present address: Stony Brook University, Stony Brook, NY, USA.

Received 8th July 2023,
Accepted 2nd September 2023

DOI: 10.1039/d3sm00897e

rsc.li/soft-matter-journal

Soft Matter

PAPER

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 0

4 
Se

pt
em

be
r 

20
23

. D
ow

nl
oa

de
d 

on
 1

0/
31

/2
02

3 
8:

22
:4

5 
PM

. 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n-

N
on

C
om

m
er

ci
al

 3
.0

 U
np

or
te

d 
L

ic
en

ce
.

View Article Online
View Journal  | View Issue

https://orcid.org/0000-0001-7623-2228
https://orcid.org/0000-0001-6017-6516
https://orcid.org/0000-0002-7370-2332
http://crossmark.crossref.org/dialog/?doi=10.1039/d3sm00897e&domain=pdf&date_stamp=2023-09-11
https://doi.org/10.1039/d3sm00897e
https://doi.org/10.1039/d3sm00897e
https://rsc.li/soft-matter-journal
http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3sm00897e
https://pubs.rsc.org/en/journals/journal/SM
https://pubs.rsc.org/en/journals/journal/SM?issueid=SM019037


This journal is © The Royal Society of Chemistry 2023 Soft Matter, 2023, 19, 7136–7148 |  7137

contaminated soil.38 Similar hydraulic fractures manifest natu-
rally at the geological scale, such as magma transport through
dikes39–43 and crack propagation at glacier beds.44,45 Following
the early work on cemented aggregates,46–48 Hemmerle et al.49

created a well-defined cohesive granular medium with tunable
elasticity by mixing glass beads with curable polymer. Due to
the huge stiffness contrast between polymer bridges (kPa–MPa)
and glass beads (GPa), the mechanical response of the material
is dominated by the deformation of the bridges rather than the
deformation of the beads.50,51 There is limited experimental
study on weakly sintered or cemented materials52 with bonds
that are of comparable stiffness with that of the grains.

In this paper, we study fracturing in cohesive wet granular
media and extract the evolving effective stress field via photo-
poromechanics. By mixing photoelastic particles with curable
polymer of the same stiffness, we create a well-defined cohesive
granular medium with tunable tensile strength. We uncover
two modes of water invasion under different injection flow rate,
defending fluid viscosity, and tensile strength of the granular
pack: viscous fingering, and fracturing with leak-off of the
injection fluid. Behind the invasion front, the granular pack
is dilated with tensile effective stress in the circumferential
direction, while ahead of the invasion front the granular pack is
compacted with compressive effective stress in the radial
direction. We develop a two-phase poroelastic continuum
model to explain the observed distinct force-chain alignments.
Finally, we conclude that the competition of intergranular
cohesion and friction against viscous force dictates the cross-
over from viscous fingering to fracturing regime.

2. Materials and methods

Following the fabrication process in ref. 32, we produce photo-
elastic spherical particles with diameter d = 1.98 mm (with
3.5% standard deviation) and bulk modulus Ks = 1.6 MPa. The
fabrication process is similar to ‘‘squeeze casting’’ for metals,
but for polyurethane in our case. The process produces soft
polyurethane spheres with an amber color. To test their sliding
frictional properties, we build a shear box apparatus as follows.
We prepare a thin acrylic plate in the size of 6 cm � 6 cm �
1.6 mm and punch 11 � 11 holes with diameter 2 mm into it.
We squeeze particles into the holes, making sure they are
integrated into the plate and can not roll against it. The bottom
surface for the sliding test is either made of glass or cured from
polyurethane. We then put a confining weight on the top of the
acrylic plate, which varies from 2 N to 8 N. We immerse
particles in the silicone oil, attach the side surface of the acrylic
plate to a spring scale, and drag the plate at a constant velocity
1 mm s�1. The spring scale measures the frictional force
occurring between the particles and the bottom surface. After
dividing it by the confining weight, we obtain the friction
coefficient. When particles are immersed in the silicone oil,
the friction coefficient between particles is mp = 0.2 � 0.06, and
the friction coefficient between the particle and the glass plate
is mw = 0.05 � 0.02. To prepare a cohesive granular pack, we mix

a total mass Mg of cured photoelastic particles with a mass Ml of
uncured, liquid-form polyurethane. We set Mg = 9.2 g to generate
granular packs at a fixed initial two-dimensional packing density,
0.83, which is close to the random close packing density. We cast
the solid–liquid mixture into a monolayer of granular pack inside
a circular Hele–Shaw cell. The added polyurethane is imbibed
directly into the granular pack and forms polymer bridges
between particles that solidify once cured. Before the experiments,
we peel the cured monolayer of particles out of the Hele–Shaw
cell, eliminating bonds between particles and plates. We define
the polymer content C as the mass of added polyurethane divided
by the mass of particles, which determines the size of polymer
bridges and thus the tensile strength of interparticle bonds. Fig. 1
shows a monolayer of cohesive photoelastic granular pack at a
polymer content C = 4.9%, above which pendular bridges begin to
merge and form clusters.49

We inject water into a monolayer of cohesive photoelastic
particles saturated with silicone oil in a circular Hele–Shaw cell
(Fig. 2). To observe the photoelastic response of the particles,

Fig. 1 (a) Cohesive photoelastic granular pack at a polymer content C =
4.9%. (b) Close-up view of three particles connected by polymer bridges in
the form of pendular rings.

Fig. 2 Experimental setup to study fracturing in cohesive photoelastic
granular media. (a) A monolayer of photoelastic particles (diameter d,
polymer content C) is confined in a circular Hele–Shaw cell. The cell is
uniformly clamped at a fixed height, h. Before the fracturing experiment,
silicone oil (viscosity Z) is slowly injected at the center of the cell with a
coaxial needle to saturate the granular pack. After saturation, water is
injected at a fixed flow rate Q with the injection pressure monitored by a
pore-pressure sensor. A white-light panel, right and left circular polarizers
form a darkfield circular polariscope. Brightfield and darkfield videos are
captured by cameras placed underneath the cell. (b) Schematic of the
circular Hele–Shaw cell (internal diameter L). A light panel, a polarizer, and
a glass disk rest on top of the monolayer of photoelastic particles. The disk
is slightly smaller than the cell to allow the fluids (but not particles) to leave
the cell.
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we construct a darkfield circular polariscope by a white light
panel together with left and right circular polarizers.53 We
clamp the Hele–Shaw cell vertically at a fixed height h =
1.92 mm with four internal spacers to achieve plane-strain
conditions throughout the experiments. As the height of inter-
nal spacers is smaller than the particle diameter, the top plate
applies vertical confinement on the top of the particles. To
allow the fluids (but not the particles) to leave the cell, the disk
is made slightly smaller than the interior of the cell (inner
diameter L = 10.6 cm), resulting in a thin gap around the edge
of the cell. A coaxial needle is inserted at the center of the
granular pack for saturation, fluid injection and pore pressure
measurement. We adopt a dual-camera system to record bright-
field (camera A) and darkfield (camera B) videos. As water is
injected into the cohesive granular pack, viscous forces from
fluid injection promote the development of fractures, while
intergranular cohesion within the granular pack resists it. To
study these competing forces during the fluid invasion process,
we vary the injection flow rate Q from 5 mL min�1 to 220 mL
min�1, the silicone oil viscosity Z from 30 kcSt, 100 kcSt, to 300
kcSt, and the polymer content C from 0% to 4.6% to stay in the
pendular regime.

3. Representative experiments

In this section, we present two representative experiments with
Q = 100 mL min�1, Z = 300 kcSt, C = 4.4% for viscous fingering,
and C = 1.2% for fracturing with leak-off. For the dye color of
the injected water, we need one that both visualizes the water
invasion front in brightfield images and does not interfere with
the photoelastic response in darkfield images. As a result, we
dye the defending oil in black, and the invading water in light
blue. By tracking the region in light blue color, we could easily
identify the invading phase from brightfield images. To

confirm this, we refer to the ESI† videos on the fluid morphol-
ogy and the effective stress evolution for the two experiments.54

We differentiate between viscous fingering and fracturing
with leak-off regimes from the brightfield images. When water
invades into the granular pack in viscous fingering patterns
without noticeable relative motion between particles, the
experiment is classified as viscous fingering (Fig. 3). When
the injected water creates open channels with ensuing invasion
into the pores, then the experiment is classified as fracturing
with leak-off (Fig. 4). The darkfield images in Fig. 4 also
confirm the formation of fractures where intergranular bonds
exhibit strong photoelastic response and are torn apart under
tension.

3.1 Viscous fingering

In Fig. 3, we show a sequence of snapshots for the viscous
fingering experiment. We analyze the time evolution of the
water–oil interface morphology from brightfield images,
and the interparticle stresses of the granular pack from dark-
field images. When particles have been strongly cemented
initially, the injection pressure is insufficient to overcome the
tensile strength of the intergranular bonds. In this regime, we
observe patterns of viscous fingers without any significant
relative motion between particles (Fig. 3(a)), and the intergra-
nular bonds at finger tips endure tension without breakage
(Fig. 3(b)).

3.2 Fracturing with leak-off

In Fig. 4, we show a sequence of snapshots for the fracturing
experiment. The time evolution of the injection pressure Pinj is
plotted in Fig. 5(a), which also indicates the times of the
snapshots in Fig. 4. When particles have been densely packed
initially, water firstly invades into the cohesive granular pack by
expanding a small cavity around the injection port, with Pinj
ramping up during this period. The pressure keeps building up

Fig. 3 For the viscous fingering experiment withQ = 100 mL min�1, Z = 300 kcSt and C = 4.4%, a sequence of snapshots shows the time evolution of (a)
interface morphology from brightfield images, and (b) effective stress field from darkfield images. See ESI,† Video S1 for the evolution of the morphology
and effective stress field in this regime.

Soft Matter Paper

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 0

4 
Se

pt
em

be
r 

20
23

. D
ow

nl
oa

de
d 

on
 1

0/
31

/2
02

3 
8:

22
:4

5 
PM

. 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n-

N
on

C
om

m
er

ci
al

 3
.0

 U
np

or
te

d 
L

ic
en

ce
.

View Article Online

http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3sm00897e


This journal is © The Royal Society of Chemistry 2023 Soft Matter, 2023, 19, 7136–7148 |  7139

until it becomes sufficient to overcome the tensile strength of
the interparticle bonds; the point at which fractures emerge (in
between Fig. 4(i)–(ii)). As injection continues, much of the
injected water leaks off into the permeable granular media as
the fractures propagate (Fig. 4(ii)–(v)). In this period of fractur-
ing with leak-off, Pinj slightly drops from its peak value and
reaches a plateau afterwards (Fig. 5(a)). In this regime, the
effective stress field exhibits a surprising phenomenon: behind
the water invasion front, a hoop effective stress region, where
we observe tensile force chains in the circumferential direction,
emerges and evolves as invasion front propagates. Ahead of the
invasion front, we observe compressive effective stress in the
radial direction (Fig. 4(b)). The phenomena regarding the
effective stress (e.g. tensile hoop stress near the injection port)
has been predicted by continuum theories, such as cavity
expansion models for single-phase flow,55,56 and tip asympto-
tics in fracture mechanics (Sections 2 and 3 in ref. 57). How-
ever, there is a lack of understanding of the effective stress

evolution in a two-phase immiscible flow system, and our
experiments visualize it for the first time.

4. Two-phase poroelastic continuum
model

We model the immiscible injection of water into a cohesive
granular pack saturated with silicone oil. To rationalize the experi-
mental findings in Section 3, we develop a two-phase poroelastic
continuum model focusing on the fracturing with leak-off regime.
The wetting phase is the defending oil, and the nonwetting phase is
the invading water. Under the experimental conditions explored,
the modified capillary number20 Ca* = ZQL/(ghd2) B 106, which
indicates that viscous forces outweigh capillary forces so we can
safely neglect capillary effects. In the following, we present the
extension of Biot’s theory58 to two-phase flow.59,60 In our model, we
assume radial symmetry and small deformations.

Fig. 5 Modeling results for the fracturing experiment withQ = 100 mL min�1, Z = 300 kcSt and C = 1.2%. (a) Time evolution of the injection pressure Pinj.
The solid curve represents the experimental measurement, and the dashed curve represents the model prediction. The cross markers indicate water
breakthrough through the cell edge. The circular markers indicate times for the snapshots shown in Fig. 4–8: t = 0.2 s, 1.2 s, 2.2 s, 3.2 s, 4.2 s in sequence.
Modeling results of the time evolution of (b) pore pressure p(r, t), and (c) water saturation Sw(r, t). We show the solution at 8 times, linearly spaced from t =
0.75 s (light gray) to t = 6 s (black).

Fig. 4 For the fracturing experiment with Q = 100 mL min�1, Z = 300 kcSt and C = 1.2%, a sequence of snapshots shows the time evolution of (a)
interface morphology from brightfield images, and (b) effective stress field from darkfield images. See ESI,† Video S2 for the evolution of the morphology
and effective stress field in this regime.
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4.1 Fluid flow equations

For the two-phase immiscible flow system, the conservation of
fluid mass can be written as follows:

@ðfraSaÞ
@t

þr � ðrafSavaÞ ¼ 0; (1)

where f is the porosity and ra and Sa are the density and
saturation of the fluid phase a (water w or oil o), respectively.
The phase velocity va is related to the Darcy flux qa in a
deforming medium by the following relation:

qa ¼ fSaðva � vsÞ ¼ �k0

Za
kraðrpa � ragÞ (2)

where vs is the velocity of the solid skeleton, k0 is the intrinsic
permeability of the granular pack, g is the gravity vector, and Za,
kra = kra(Sa) and pa are the dynamic viscosity, relative perme-
ability, and fluid pressure for phase a, respectively. Since
capillary pressure is negligible here, pc = pw � po = 0, the two
phases have the same fluid pressure p. The relative permeabil-
ity functions are given as Corey-type power law functions:61

krw ¼ Sw � Swc

1� Swc

� �aw

; kro ¼ 1� Sw

1� Sro

� �ao

; (3)

where the fitting parameters are the critical water saturation for
water to flow, Swc = 0.2, the residual oil saturation, Sro = 0.2, and
the exponents aw = 2 and ao = 5.

Considering the mass conservation of the solid phase:

@½rsð1� fÞ�
@t

þr � ½rsð1� fÞvs� ¼ 0; (4)

where rs is the density of the solid constituents of the porous
medium. Assuming isothermal conditions and using the equa-
tion of state for the solid, the following expression for the
change in porosity is obtained:62

df
dt

¼ ðb� fÞ cs
dp

dt
þr � vs

� �
(5)

where b is the Biot coefficient of the saturated porous medium,
and cs is the compressibility of the solid phase. We use eqn (2),
(4), and (5) to expand eqn (1) as follows:

f
@Sa

@t
þ Sa b

@ekk
@t

þ 1

M

@p

@t

� �
þr � qa ¼ 0; (6)

where ekk is the volumetric strain of the solid phase. The Biot
modulus of the saturated granular pack, M, is related to fluid

and rock properties as
1

M
¼ fcf þ ðb� fÞcs.63 Adding eqn (6)

for water and oil phases, and imposing that So + Sw � 1 for the
saturated granular pack, we obtain the pressure diffusion
equation:

b
@ekk
@t

þ 1

M

@p

@t
þr � qt ¼ 0; (7)

where qt is the total Darcy flux for water and oil phases,
qt = qw + qo.

4.2 Geomechanical equations

Under quasi-static conditions, the balance of linear momentum
of the solid-fluid system states that:

r�s + rbg = 0, (8)

where s is the Cauchy total stress tensor, and
rb ¼ ð1� fÞrs þ f

P
a
raSa, is the bulk density for the solid–

fluid system. For axisymmetric deformation in plane-strain
condition, the force balance equation becomes:

@srr
@r

þ srr � syy
r

¼ 0: (9)

Following,63 the poroelasticity equation states that

s ¼ s0 � bpI; (10)

where I represents the identity matrix. Terzaghi’s effective
stress tensor s0 is the portion of the stress supported through
deformation of the solid skeleton, and where we adopt the
convention of tension being positive. We adopt isotropic linear
elastic theory for the granular pack; the constitutive equation
for stress–strain is:

s0 ¼ 3Kn
1þ n

ekkIþ
3Kð1� 2nÞ

1þ n
e; (11)

where K, n are the drained bulk modulus, and the drained
Poisson ratio of the granular pack, respectively. The strain

tensor is defined as e ¼ 1

2
½ruþ ðruÞT �, where u is the displace-

ment vector. For the axisymmetric deformation in plane-strain
condition, the strains are written as:

err ¼
@ur
@r

; eyy ¼
ur

r
; ezz ¼ 0: (12)

Using eqn (10), (11) and (12), the force balance eqn (9) can be
expressed as a function of radial displacement ur(r,t) and pore
pressure p(r,t).

4.3 Summary of governing equations

The model has three governing equations, two derived from
conservation of fluid mass [eqn (7) for the water–oil fluid
mixture and eqn (6) for the water phase] and one derived from
conservation of linear momentum (eqn (9)). The model solves
the time evolution of three unknowns: (1) pore pressure field
p(r,t); (2) water saturation field Sw(r,t); and (3) radial displace-
ment field ur(r,t) of the cohesive granular pack, all of which are
assumed to be radially symmetric. The governing equations are
summarized and written in radial coordinates as follows:

b
@ekk
@t

þ 1

M

@p

@t
� k0

@

@r

krw

Zw
þ kro

Zo

� �
@p

@r

� �
� k0

r

krw

Zw
þ kro

Zo

� �
@p

@r
¼ 0;

(13)

f
@Sw

@t
þ Sw b

@ekk
@t

þ 1

M

@p

@t

� �
� k0

Zw

@

@r
krw

@p

@r

� �
� k0

r

krw

Zw

@p

@r
¼ 0;

(14)
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@srr
@r

þ srr � syy
r

¼ 0: (15)

For the axisymmetric deformation in plane-strain condition,
the stresses and strains are written in radial coordinates as:

srr ¼
3Kn
1þ n

ekk þ
3Kð1� 2nÞ

1þ n
err � bp; (16)

syy ¼
3Kn
1þ n

ekk þ
3Kð1� 2nÞ

1þ n
eyy � bp; (17)

err ¼
@ur
@r

; eyy ¼
ur

r
; ezz ¼ 0; 3 (18)

ekk = err + eyy + ezz. (19)

We initialize the model by specifying ur(r, 0) = p(r, 0) = Sw(r, 0) =
0. As for the boundary conditions, the inner boundary is free to
move, subject to injection pressure as the total stress:

srr(r0, t) = �p(r0, t) = �Pinj(t), (20)

where r = r0 is the radius of the injection port, and Pinj(t) is the
injection pressure at time t. At the injection port, the total Darcy flux
is the same as the Darcy flux of water. Since the injection system is
composed of plastic syringe and tubing, we take the system
compressibility into account for the inner flow boundary condition:

qtðr0; tÞ ¼ qwðr0; tÞ ¼
Q� csysVsys

@PinjðtÞ
@t

2pr0h
; (21)

where Q is the injection flow rate, and csys and Vsys are the
compressibility and volume of the injection system, respectively.
At the outer boundary r = R, the pressure is atmospheric, and
particles have zero radial displacement:

p(R, t) = ur(R, t) = 0. (22)

We now summarize the model in dimensionless form, denot-
ing dimensionless quantities with a tilde. We adopt character-
istic scales for length, time, stress/pressure, viscosity and
permeability, non-dimensionalizing the governing equations
via the scaling

~r ¼ r

R
; ~ur ¼

ur

R
; ~t ¼ t

Tpe
; ~p ¼ p

M
; ~Za ¼

Za
Zo
; ~ka ¼

k0kra

k0
;

~srr ¼
srr
K
; ~syy ¼

syy
K

; ~s
0
rr ¼

s
0
rr

K
; ~s

0
yy ¼

s
0
yy

K

(23)

where Tpe ¼
ZoR

2

k0M
is the characteristic poroelastic timescale. We

can then rewrite eqn (13)–(15) in dimensionless form,

b
@ekk
@~t

þ @~p

@~t
� @

@~r

krw
~Zw

þ kro
~Zo

� �
@~p

@~r

� �
� 1

~r

krw
~Zw

þ kro
~Zo

� �
@~p

@~r
¼ 0; (24)

f
@Sw

@~t
þ Sw b

@ekk
@~t

þ @~p

@~t

� �
� 1

~Zw

@

@~r
krw

@~p

@~r

� �
� 1

~r

krw
~Zw

@~p

@~r
¼ 0; (25)

@~srr
@~r

þ ~srr � ~syy
~r

¼ 0: (26)

where the dimensionless stresses are written in radial
coordinates as:

~srr ¼
3n

1þ n
ekk þ

3ð1� 2nÞ
1þ n

err �
bM

K
~p; (27)

~syy ¼
3n

1þ n
ekk þ

3ð1� 2nÞ
1þ n

eyy �
bM

K
~p: (28)

We initialize the model by specifying ũr(r̃, 0) = p̃(r̃, 0) = Sw(r̃, 0) =
0. The boundary conditions are as follows:

~srrð~r0; ~tÞ ¼ �
~Pinjð~tÞM

K
;

~qtð~r0; ~tÞ ¼ ~qwð~r0; ~tÞ ¼
~QR

~r0h
� csysVsysM

2pr0kh
;

~pð1; ~tÞ ¼ ~urð1; ~tÞ ¼ 0

(29)

where ~PinjðtÞ ¼
PinjðtÞ
M

, ~Q ¼ ZoQ
2pk0MR

. Both of these quantities

compare the viscous pressure due to injection with the Biot
modulus of the granular pack.

4.4 Model parameters

The four poroelastic constants in the model are the drained
bulk modulus K, the drained Poisson ratio n, the Biot coeffi-
cient b, and the Biot modulus M of the granular pack. We
obtained the drained and undrained bulk modulus K, Ku from a
separate consolidation experiment.32 We calculate the Biot

coefficient from the relationship b ¼ 1� K

Ks
,63 and then obtain

the Biot modulus via M ¼ Ku � K

b2
.64 To obtain the drained

Poisson ratio of the granular pack, we build a discrete element
model and conduct a biaxial test.65 The permeability of the
granular pack, k, is measured experimentally during the initial
oil saturation process. A summary of the modeling parameters
is given in Table 1.

Table 1 Modeling parameters for the two-phase poroelastic continuum
model

Symbol Value Unit Variable

r0 4 mm Injection port radius
R 5.3 cm Hele–Shaw cell radius
d 2 mm Diameter of the photoelastic particles
h 1.92 mm Height of the Hele–Shaw cell
Q 100 mL min�1 Water injection flow rate
csys 6 � 10�8 Pa�1 Injection system compressibility
Vsys 30 mL Injection system volume
K 200 kPa Drained bulk modulus of the pack
Ku 1.35 MPa Undrained bulk modulus of the pack
n 0.4 Drained Poisson ratio of the pack
b 0.88 Biot coefficient of the pack
M 1.49 MPa Biot modulus of the pack
Zw 0.001 Pa s Injecting water viscosity
Zo 291.3 Pa s Defending silicone oil viscosity
f 0.4 Porosity of the pack
k0 10�10 m2 Intrinsic permeability of the pack

Paper Soft Matter

O
pe

n 
A

cc
es

s 
A

rt
ic

le
. P

ub
lis

he
d 

on
 0

4 
Se

pt
em

be
r 

20
23

. D
ow

nl
oa

de
d 

on
 1

0/
31

/2
02

3 
8:

22
:4

5 
PM

. 
 T

hi
s 

ar
tic

le
 is

 li
ce

ns
ed

 u
nd

er
 a

 C
re

at
iv

e 
C

om
m

on
s 

A
ttr

ib
ut

io
n-

N
on

C
om

m
er

ci
al

 3
.0

 U
np

or
te

d 
L

ic
en

ce
.

View Article Online

http://creativecommons.org/licenses/by-nc/3.0/
http://creativecommons.org/licenses/by-nc/3.0/
https://doi.org/10.1039/d3sm00897e


7142 |  Soft Matter, 2023, 19, 7136–7148 This journal is © The Royal Society of Chemistry 2023

4.5 Numerical implementation

We use a finite volume numerical scheme to solve the three
coupled governing equations (eqn (13)–(15)). We place the
pressure and saturation unknowns (p(r, t), Sw(r, t)) at volume
centers, and displacement unknowns (ur(r, t)) at nodes. We
partition the coupled problem and solve two sub-problems
sequentially: the coupled flow and mechanics, and the trans-
port of water saturation. We first fix the water saturation, and
solve the coupled flow and mechanics equations (eqn (13) and
(15)) simultaneously using implicit time discretization. Then
we solve the water transport equation (eqn (14)) with prescribed
pressure and displacement fields.

5. Results and discussion
5.1 Pore pressure and water saturation

We compare the experimental and modeling results of the time
evolution of the injection pressure Pinj for the case with Q = 100
mL min�1, Z = 300 kcSt and C = 1.2% (Fig. 5(a)). By taking the
injection system compressibility into account, the model cap-
tures the initial Pinj ramp-up measured in the experiment (t = 0–
0.3 s). Before t = 3.5 s, Pinj keeps increasing, with the diffusion
of pore pressure (Fig. 5(b)) and propagation of water invasion
front (Fig. 5(c)). The transient pressure response comes from
the compressibility of the granular pack, the timescale of which

is T � Z0R2

k0M
, where Z0 and k0 are the effective viscosity and

permeability of the pore fluid: a water-oil mixture. As the pore
pressure diffuses to the cell boundary, Pinj approaches its

steady state value, Pss
inj �

Z0QR

2pk0r0h
.

The cross markers in Fig. 5(a) represent the moment when
water reaches the cell boundary for the experiment and the
model. The breakthrough predicted by the model is faster than
that of the experiment by around 1.2 s. The observation that the
water invasion front propagates faster in the model hints at an
overestimation of the Biot modulus M; in other words, the
model underestimates the granular pack compressibility/stor-
ativity. It reveals two underlying model limitations: (1) the

storativity in the model, S ¼ 1

M
, is assumed to be a constant

without spatiotemporal variations, which in the experiment
increases with porosity in the region where the granular pack
dilates; and (2) by assuming linear elastic granular packs with
small deformations, the model cannot capture the significant
increase in storativity arising from the opening of fracture,
where the porosity of the granular pack locally increases to 1.

Solving the water transport equation (eqn (14)), we obtain
the time evolution of the water saturation field (Fig. 5(c)). The
water invasion front propagates with the injection until its
breakthrough at t = 2.6 s. After breakthrough, the radial profile
of water saturation is nonmonotonic, exhibiting an increase of
Sw with r and then a decrease. The position of the local
maximum of the saturation profile moves towards the center
of the cell as time evolves, and the value of the maximum

saturation increases with time. This unusual behavior of water
saturation contrasts that of fluid–fluid displacement in a rigid
porous medium66,67 and highlights the strong coupling
between fluid flow and medium deformation in our system.

5.2 Displacement and volumetric strain

To probe into the granular mechanics behind the fracturing
experiment in Fig. 4, we first measure the internal deformation
of the pack via particle tracking, which provides a direct
measure of the displacement field. We define a rectangular
coordinate system centered at the injection port, where (xi, yi) is
the position of particle i at time t and (Xi, Yi) is its initial
position. The displacement of particle i is then ui = (xi � Xi, yi �
Yi), with magnitude uiðtÞ ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðxi � XiÞ2 þ ðyi � YiÞ2

p
and radial

component ur;iðtÞ ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
xi2 þ yi2

p
�

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Xi

2 þ Yi
2

p
. The deformation

is primarily radial because of the axisymmetric boundary con-
ditions, so we focus on ur.

Fig. 6 shows a sequence of snapshots of the experimental
radial displacement field, corresponding to t = 0.2 s, 1.2 s, 2.2 s,
3.2 s, 4.2 s sequentially. We find that the radial displacement is
large near the injection port and fades to zero at the rigid outer
edge, with a petal-like mesoscale structure as reported by
MacMinn et al.68 and Zhang and Huang69 (Fig. 6(a)). The radial
displacements of particles are plotted as black dots in Fig. 6(b),
and the red dashed line is the prediction from the continuum
model. As Pinj increases from snapshots (i) to (iii), particles move
radially outwards. From snapshots (iii) to (v), Pinj reaches a
plateau, and particles relax and recover part of the deformation.
The model captures the general trends in particle displacement
behavior, with the notable exception of the compaction front near
rB 0.5R between times (iii) and (iv). Between this time period, the
experimental data shows that particles with r o 0.5R are com-
pacted to a similar extent, as evidenced by their similar ur values,
which we refer to as a compaction front. The model under-
estimates the displacements there due to our assumption of
linear elastic behavior: it cannot capture the plasticity-induced
compaction front brought by bond breakage and particle rearran-
gements. As a result, the model fails to capture the compaction
front exhibited in the experiment, which we define as the
plasticity-induced compaction front.

We use the particle positions to calculate a best-fit local
strain field. At time t during the water injection, we compute
the closest possible approximation to a local strain tensor e in
the neighborhood of any particle with a sampling radius rs =
3d.68,70 The local strain for the particle is determined by
minimizing the mean-square difference D2 between the actual
displacements of the neighboring particles relative to the
central one and the relative displacements that they would
have if they were in a region of uniform strain eij. That is,
we define

D2ðtÞ ¼
X
n

xn � x0 � ð1þ e11ÞðXn � X0Þ � e12ðYn � Y0Þð Þ2

þ yn � y0 � ð1þ e22ÞðYn � Y0Þ � e21ðXn � X0Þð Þ2:
(30)
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where the index n runs over the particles within the sampling
radius and n = 0 for the reference particle. We then compute e
for the reference particle at time t that minimizes D2(t). With
this method, we obtain the local strain tensors for all particles
in the granular pack.

We present a sequence of snapshots of the volumetric strain
field in Fig. 7. The granular pack dilates (positive ekk) in the
water-invaded region, and compacts (negative ekk) in the oil-
saturated region (Fig. 7(a)). Such injection-induced dilation has
also been reported for cohesionless granular packs and cohe-
sive poroelastic cylinders.55,68,71 Fig. 7(b) shows that the model
captures the granular dilation and compaction, but cannot
account for the plastic dilation near fractures brought by bond
breakage and particle rearrangements.

The injection-induced deformation also feeds back to the
fluid flow, as evidenced by the observed nonmonotonic water
saturation curves (Fig. 5(c)). The granular pack dilation near the
injection port increases the local porosity, and results in a

smaller value of Sw. As encoded in eqn (14), the coupling
between fluid flow and medium deformation becomes strong
when the deformation term is comparable to the flow term,

Swb
@ekk
@t

� r � qw.

5.3 Effective stress

The photoelastic response offers a unique opportunity to gain
additional understanding of the coupled pore-scale flow and
particle mechanics during fluid-induced fracturing of the cohe-
sive granular pack. To interpret the photoelastic response, we
rely on the results of calibration experiments,32 which have
shown that, for the range of interparticle forces expected in our
fracturing experiments, the relation between light intensity and
force is monotonically increasing and approximately linear.
From two-dimensional photoelasticity theory,72 the stress-
optic law states that in this ‘‘first-order’’ region, the photoelas-
tic response is approximated to be linearly proportional to the

Fig. 7 For the fracturing experiment with Q = 100 mL min�1, Z = 300 kcSt and C = 1.2%, we analyze the sequence of snapshots shown in Fig. 4(i)–(v)
corresponding to t = 0.2 s, 1.2 s, 2.2 s, 3.2 s, 4.2 s, respectively. The sequence of snapshots shows the time evolution of (a) experimental volumetric strain
field, and (b) volumetric strain of the particles (black dots) compared with the continuum model prediction (dashed line).

Fig. 6 For the fracturing experiment with Q = 100 mL min�1, Z = 300 kcSt and C = 1.2%, we analyze the sequence of snapshots shown in Fig. 4(i)–(v)
corresponding to t = 0.2 s, 1.2 s, 2.2 s, 3.2 s, 4.2 s, respectively. The sequence of snapshots shows the time evolution of (a) experimental radial
displacement field, and (b) radial displacement of the particles (black dots) compared with the continuum model prediction (dashed line).
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principal effective stress difference with a constant coefficient:
I ¼ Fðs01 � s02Þ, where s01 and s02 are the maximum and mini-
mum principal effective stresses, respectively.

To quantify the photoelastic response into the principal
effective stress difference, we conduct a separate calibration
experiment to obtain the coefficient, F = 0.29 from the blue
channel light intensity (see Appendix). To differentiate the
direction of force chains, we set an ad hoc sign convention
for the principal effective stress difference ds0, which should
otherwise always be positive, as follows: ds0 is positive for
tensile force chains in circumferential/hoop direction, and
negative for compressive force chains in radial direction. After
converting I into ds0, and assigning its sign from the force
chain direction, we present a sequence of snapshots of the
effective stress field (Fig. 8(a)). Behind the water invasion front,
a hoop effective stress region, where we observe tensile force

chains in the circumferential direction, emerges and evolves as
the invasion front propagates. Ahead of the invasion front, we
observe radial compaction of the granular pack.

In the model, we found that s0t 4s0r always holds, where s0t
and s0r are the hoop and radial components of the effective
stress, respectively. As the force chain direction aligns with the
effective stress direction with larger absolute magnitude, we
calculate ds0 numerically with the aforementioned sign con-
vention as follows:

ds0 ¼ s
0
t � s

0
r 4 0; if js 0

tj4 js 0
rj;

s
0
r � s

0
t o 0; if js 0

rj4 js 0
tj:

�
(31)

We compare the experimental and numerical radial distribu-
tion of ds0 in Fig. 8(b). The model captures the hoop effective
stress region and radial compaction delineated by the invasion
front. As mentioned in our previous discussion on the

Fig. 8 For the fracturing experiment with Q = 100 mL min�1, Z = 300 kcSt and C = 1.2%, we analyze the sequence of snapshots shown in Fig. 4(i)–(v)
corresponding to t = 0.2 s, 1.2 s, 2.2 s, 3.2 s, 4.2 s, respectively. The sequence of snapshots shows the time evolution of (a) experimental effective stress
field, and (b) the radial distribution of the averaged effective stress (solid line) compared with the continuum model prediction (dashed line). To
differentiate the direction of force chains, we set a sign convention manually to the principal effective stress difference ds0, which should otherwise
always be positive, as follows: ds0 is positive for tensile force chains in circumferential/hoop direction, and negative for compressive force chains in radial
direction.

Fig. 9 Phase diagrams of fluid–fluid displacement patterns in the experiments. Diagram (a) shows the invasion patterns for all experiments, ranging in oil
viscosity Z from 30 kcSt, 100 kcSt, to 300 kcSt, water injection rateQ from 5 mL min�1 to 220 mL min�1, and polymer content C from 0 to 4.6%. Diagram

(b) shows the modeling prediction of the dimensionless maximum effective hoop stress at the injection port, ~s0t;max ¼
s0t;max

K
, as a function of the

dimensionless flow rate, ~q ¼ ZQ
2pk0MR

. The dashed line shows the fitted power law, ~s0t;max 	 0:73~q0:17. Diagram (c) shows the dimensionless tensile strength

of the granular pack against fracturing, ~sc0 ¼
Pfrac
inj

K
, increases with polymer content C. The dashed line shows the fitted linear relationship,

~sc0 ¼ 28:23C þ 0:37.
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displacement field, the model cannot capture the plasticity-
induced compaction front, resulting in an underestimation of
compressive effective stress between times (iii) and (iv).

5.4 Phase diagram of fluid invasion patterns in cohesive
granular media

We observe two invasion patterns when varying the experi-
mental parameters Z, Q, and C: (I) pore invasion in the form
of immiscible viscous fingering, and (II) fracturing with leak-off
of the injection fluid. In a granular medium, fractures open
when forces exerted by the fluids exceed the mechanical forces
that resist particle rearrangements. Here the competing forces
are the viscous force that drives fractures, and intergranular
cohesion and friction that resist fractures. For a fixed domain
geometry and granular medium (particle size and packing
fraction), the viscous force is expected to increase with the
product of the fluid viscosity Z and the injection rate Q. We use

a dimensionless flow rate ~q ¼ ZQ
2pk0MR

to characterize the

viscous force. The resisting force is expected to have a
friction-dependent component that will be constant across
our experiments, and a cohesion-dependent component that
will increase with the polymer content C. We use a dimension-

less tensile strength ~s
0
c ¼

s
0
c

K
to characterize the resisting force.

Thus, we plot an empirical phase diagram of all our experi-
ments, indicating whether they are either ‘‘fracturing’’ or
‘‘viscous fingering’’ (not fracturing) on the axes q̃ vs. C
(Fig. 9(a)). This empirical plot shows a transition from
viscous fingering at low ZQ and high C to fracturing at high
ZQ and low C.

In the fracturing experiment (Section 3.2), the photoelastic
response reveals that fractures initiate as tensile cracks near the
injection port, where intergranular bonds break under tensile
stress in the circumferential direction. Shear failure also occurs
during fracture propagation, as evidenced by the classic slip
line fracture pattern. To rationalize the crossover from viscous
fingering to fracturing regimes quantitatively, we focus on the
fracture initiation and assume the tensile failure mode. We
adopt a fracturing criterion for cohesive granular media: the

maximum hoop effective stress s0t;max

� �
should exceed the

tensile strength between particles s0c
� 	

to break interparticle
bonds and generate fractures. To theoretically predict s0t;max, we

run the model with different flow conditions, and obtain s0t;max

at the injection port. We then obtain the dimensionless max-

imum hoop effective stress by ~s
0
t;max ¼

s
0
t;max

K
. Fig. 9(b) shows

that ~s0t;max increases with q̃ approximately as a power law,

~s0t;max 	 0:73~q0:17.

To construct the relationship between ~s0c and C, we
record the injection pressure at the onset of fracturing when
interparticle bonds break as Pfracinj . We obtain the dimensio-

nless tensile strength ~s
0
c ¼

Pfrac
inj

K
, and find a linear relationship,

~s
0
c ¼ 28:23C þ 0:37 (Fig. 9(c)). It does not pass through the

origin because of the frictional resistance against fracturing
for a cohesionless granular pack. After entering these relation-
ships into the fracturing criterion, we obtain a condition
involving q̃ and C for the transition into the fracturing regime,
q̃ Z (38.67C + 0.51)6.0. The theoretical prediction on the cross-
over from viscous fingering to fracturing regime agrees well
with the experimental results (Fig. 10).

6. Conclusions

In summary, we have studied the morphology and rheology of
injection-induced fracturing in cohesive wet granular packs via a
recently developed experimental technique, photoporomecha-
nics, which extends photoelasticity to granular systems with a
fluid-filled connected pore space.32 Experiments of water injec-
tion into cohesive photoelastic granular packs with different
tensile strength, injection flow rate, and defending fluid viscosity
have led us to uncover two invasion regimes: viscous fingering,
and fracturing with leak-off of the injection fluid. Contrary to the
observed effective stress shadow for cohesionless granular
packs,31 here we discover a hoop effective stress region behind
the water invasion front. We developed a two-phase poroelastic
continuum model that captures the transient pressure response
arising from the granular pack compressibility. Behind the water
invasion front, the granular pack is dilated with tensile force
chains in the circumferential direction. Ahead of the water
invasion front, the granular pack is compacted with compressive
force chains in the radial direction. Finally, we rationalize the
crossover from viscous fingering to fracturing across our suite of
experiments by comparing the competing forces behind the
process: viscous force from fluid injection that drives fractures,
and intergranular cohesion and friction that resist fractures.

The developed two-phase continuum model assumes linear
elasticity, which is insufficient to capture bond breakage and
particle rearrangements. In spite of its limitations, our
minimal-ingredients model still sheds insight and explains
some of the key features observed in the experiments. The
model reveals that the transient pressure response comes from
the compressibility of the granular pack. It also captures
granular pack dilation and compaction with the boundary

Fig. 10 Phase diagram of fluid–fluid displacement patterns in the experi-
ments. The dashed line is the theoretical prediction on the crossover from
viscous fingering to fracturing regime, q̃ = (38.67C + 0.51)6.0.
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delineated by the invasion front, which explains the observed
distinct alignments of the force chains. Furthermore, the
model predicts the injection-induced hoop stress at the injec-
tion port where tensile cracks emerge, which is the key to
rationalizing the crossover from viscous fingering to fracturing
regimes quantitatively.

An interesting next step would be to account for these
irreversible processes by means of a poroelastoplastic or por-
oviscoplastic model, possibly in large deformations to reflect
the substantial variations in porosity during the fluid injection.
Then the poroelastic constants could be taken to be porosity-
dependent. One could start with extending previous work from
Auton and MacMinn56 to two-phase flow. To gain more insights
on the fluid-induced fracturing, the radially symmetric model
could be extended to a two-dimensional model that takes
fracture morphology into account. Motivated by our experi-
ments, Guevel et al.73 develop a Darcy–Cahn–Hilliard model
coupled with damage to describe multiphase-flow and fluid-
driven fracturing in porous media. The model adopts a double
phase-field approach, regularizing both cracks and fluid–fluid
interfaces. The damage model allows for control over both
nucleation and crack growth, and successfully recovers the flow
regime transition from fingering to fracturing with leak-off
observed in our experiments. Lastly, by adding capillarity in
the fluid flow equations, the model would be able to explore a
wider range in Z and Q, and possibly explains more invasion
regimes, such as capillary fingering and fracturing.

Our study paves the way for understanding the mechanical
and fracture properties of cohesive porous materials that are of
interest for applications in various fields of research and
industry, such as rock mechanics,46,74,75 the fracture of con-
crete and biomaterials,76,77 and geoengineering.78
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Appendix: Calibration experiment for
photoelastic response

The stress-optic law states that in the first order, the photoelastic
response is approximated to be linearly proportional to the principal
effective stress difference with a constant coefficient: I = Fds0, where
ds0 is the principal effective stresses difference.72 To obtain the
coefficient F, we conduct a calibration experiment in the sameHele–
Shaw cell where we conduct the fracturing experiments.

We prepare a monolayer of photoelastic particles at a poly-
mer content C = 3%. The particle diameter and initial packing
density are the same as in the fracturing experiments. We
saturate the granular pack with silicone oil of viscosity 5 cSt,
which lubricates the particle–particle and particle-wall con-
tacts. After saturation, we slowly inject water at Q = 2 mL min�1

into a sealed, elastic membrane that is connected to the
injection port, and we monitor the injection pressure during
injection. As injection proceeds, Pinj increases and drives the
outward compaction of the granular pack quasi-statically. The
membrane expands in size without any water leakage. We
present a sequence of snapshots of the blue-channel light
intensity field from darkfield images (Fig. 11(a)). The injection
takes place under drained conditions, where the pressure in the
defending fluid has time to fully dissipate, and the solid
skeleton takes all the load from the water pressure at the inner
boundary. The process is the same as a classical linear elasto-
static example: a cylindrical vessel subject to an internal

Fig. 11 For the calibration experiment with increasing water injection pressure, a sequence of snapshots shows the time evolution of (a) experimental
light intensity field from the blue channel, (b) the radial distribution of the averaged light intensity I(r, t), and (c) the radial distribution of the averaged
effective stress difference (solid line) compared with the continuum model prediction (dashed line). The conversion factor between light intensity and

effective stress difference is calibrated to be F ¼ I

ds0
¼ 0:29.
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pressure and fixed outer boundary.79 For any specific Pinj and
size of the inner boundary, we obtain the theoretical prediction
on ds0, which helps us to calibrate the conversion factor F
between experimental light intensity (Fig. 11b)) and effective
stress difference (Fig. 11(c)). The calibration shows that F = 0.29
under our experimental conditions.
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Statement of Diversity, Equity, and Inclusion                                                Yue (Olivia) Meng 

   

As a female Chinese student from engineering background, a complex set of personal experiences 

inform my vision for a more diverse, inclusive, and equitable academy. When I was an 

undergraduate student in civil and environmental engineering from the University of Hong Kong, 

I realized that there existed gender inequality in the department. There were only 20 female 

students among the 140 students in total, and two female professors among the 25 faculty members. 

My undergraduate research supervisor was one of the two female professors, who disclosed many 

challenges and dilemmas faced by female scientists to me: conflicts between family and career, 

and implicit gender bias and structural barriers in academia. I feel very fortunate and privileged to 

have been working with supportive and empathetic supervisors throughout my career - from an 

undergraduate/graduate student in civil and environmental engineering, to a postdoc in geoscience 

- all of whom encourage me to keep working hard for my dreams, with the belief that everyone 

deserves access to the academy and that we produce better science when that vision is realized.  

As an international student, I also deeply understand the importance of an inclusive environment 

to ensure student’s well-being. When the Umbrella Movement - a democracy protest in Hong Kong 

- emerged in 2014, I was a first-year undergraduate student from mainland China and got involved 

into the political conflicts inevitably. The professor in a course on critical thinking in contemporary 

society noticed the tension in the class, and scheduled group discussions for us to share different 

perspectives in an empathetic and constructive manner. From the experience, I have learned the 

importance of creating an inclusive community where everyone has a voice that is respected, and 

educators play a significant role during the process.  

As a faculty member, I believe that opportunities for promoting diversity span the classroom, 

research group, department, and broader research community. I strive to adopt an inclusive and 

interdisciplinary approach in my classroom, such as developing introductory geophysics or 

engineering curricula that attract students from other departments. I will organize field trips so that 

students have a chance to be close to nature which develops their interests in geomechanics. For 

my research group, I’m happy to mentor female students and students of color. I will create an 

empathetic, supportive, and inclusive lab environment where everyone feels comfortable to reach 

out when encountering incidents violating diversity, equity and inclusion.  

I work to put this knowledge forward through my own mentorship and outreach. I participated in 

a voluntary teaching program in 2015, when we gave physics lectures to high school students in a 

post-earthquake disaster zone. I have also been an academic mentor for an HKU female student 

since 2017, who is now a PhD student in geotechnical engineering. In the future, I would be 

interested in organizing workshops for underrepresented students to pursue their career in 

engineering or science. For instance, during my PhD, there was a civil and environmental 

engineering rising stars workshop in 2019, which brought together distinguished early-career 

women in academia. I believe my background and experience would help me contribute to the 

university’s commitment to advancing diversity, equity, and inclusion.  

https://cee.mit.edu/rising-stars/


Statement of Teaching                                                                                       Yue (Olivia) Meng 
   

Modern civil engineering draws on a variety of mathematical, experimental, computational, and 

engineering methods. Professors play an important role in guiding students synthesizing these 

approaches to solve real-life problems and interdisciplinary challenges. My educational 

experiences span departments of civil and environmental engineering, geoscience, mechanical 

engineering, computer science, and mathematics. I have mentored graduate students on the topic 

of geologic carbon sequestration from civil and environmental engineering background, and 

undergraduate students on discrete element modeling with geoscience background. I have also 

given lectures on multiphase flow in porous media in my current research group. My fundamental 

teaching philosophy in this field is molded by these experiences, emphasizing the development of 

students' instinctive understanding, reinforcing essential ideas through hands-on applications, and 

introducing students to interdisciplinary exploration. 

Instinctive Understanding and Hands-on Applications: Developing physical intuition is crucial 

for guiding students beyond mere memorization of calculations and becoming more perceptive on 

experimental or modeling data. When I mentored a graduate student on conducting fluid injection 

test in a Hele-Shaw cell, I asked him to hypothesize a scaling law between the injection pressure 

and experimental parameters (injection flow rate, cell size, fluid viscosity, etc) for preliminary data 

interpretation. Through my studying experience, I have found that hands-on applications are 

crucial to consolidating key concepts in the discipline. Project-based assessments, such as 

modeling gravity-driven flow in porous media, conducting oedometer experiments, and numerical 

implementation on pressure diffusion equation, foster students’ independent problem-solving 

skills and enrich the depth of their study.  

Interdisciplinary Exploration: In a geomorphology class, I encountered a reading group 

assignment where I had to present a self-selected research paper in relevant fields. I presented a 

paper on the iceshelf hydrofracture in Antarctica that combined fracture mechanics, machine 

learning and remote sensing. Enlightening students with interdisciplinary research not only arouses 

their curiosity, but also connects them to a broader scientific community. Knowing the first-

principles in the discipline, such as conservation of mass and momentum, students are well 

equipped to explore advanced numerical methods, including discrete element modeling, Lattice 

Boltzmann method, computational fluid dynamics, and phase-field modeling. Students can then 

connect the basic knowledge they are acquiring to a wide variety of application areas, scientific 

communities, and career paths. To reflect this philosophy, my courses will involve field trips, guest 

speakers in interdisciplinary fields, and reading group assignments.  

Teaching Interests: With my diverse background in civil and environmental engineering and 

expertise in interdisciplinary research of geomechanics, fluid mechanics, and granular physics, I 

would be interested in teaching undergraduate or graduate level courses such as Environmental 

Geotechnology, Environmental Fluid Mechanics, Soil Dynamics, etc. I would also be 

interested in developing new graduate level courses emphasizing specialized areas of research, 

such as Soft Matter Physics with Applications to Energy and Climate, and Theory of 

Poromechanics with Applications to Glaciology, Modeling Complex Physics with Graph 

Neural Network, and Granular Mechanics in Engineering.  


